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PE CUONG ON THI TOAN 9 LEN 10

L. VONG 1: (18 TIET): NHUNG NOI DUNG KIEN THUC CO BAN
A.Dai s6:
|.Can bac hai: Khai niém, hing dang thire, PKXD, cic phép bién doi. (2 tiét).
~ 1.Phuong trinh, bat ph/trinh, hé ph/ trinh bac nhat mot an: Dang, ph/phap giai. (2
tiét ).
I1.Ham sb béac nhat, bac hai: D/n, t/c, dd thi, twong giao giita cac do thi. (2 tiét).
IV.Giai bai toan bang cach lap hé phuong trinh, phwong trinh. (2 tiét).
V.Phuong trinh bac hai: Dang, cong thic nghiém, Pinh 1y Viet, ing dung. (2 tiét ).

B.Hinh hoc: , ’
|. H¢ thic luong trong tam giac vudng. Ti s6 lugng giac cua goc nhon. (2 tiét ). ,
I. Chtrng minh Bang nhau — Song song; vudng goc - Pong quy; thang hang. (2 tiét

N—r

I11.Chiérg minh hai tam gidc dong dang . Hé thirc hinh hoc. (2 tiét ).
IV.Tu giac ndi tiep: Khai niém, tinh chat, dau hiéu. (2 tiét).

11. VONG 2: (12 TIET): NHUNG CHUYEN PE CHUYEN SAU
. Cuc tri dai sb. (2 tiét).
. Su twong giao cia cac duong thang va parabol trén mat phang toa do. (2 tiét).
1. Hé thtc Vi-et va Gmg dung. (2 tiét ).
IV. Cyec tri hinh hoc. (2 tiét)
V. Phuong trinh vo ti. (2 tiét).
V1. Bat dang thuc. (2 tiét ).

11l. VONG 2: (12 TIET): THAM KHAO MOT SO PE THI VAO THPT
l. Pésb 1
1. Bé b 2;
1. Dé s6 3:
V. Bé sb 4:
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VONG 1: (18 TIET)
NHUNG NOI DUNG KIEN THUC CO BAN

’ §1.CAN BAC HAI
A.KIEN THUC CO BAN
1.Khdi ni¢m
x 1 can bac hai cta sb khong am a <> x?=a. Ki hiéu:x = \/g :
2.Didu ki¢n xdc dinh ciia bidu thire A
_ Biéu thire VA xdc dinh < A >0,
3.Hang dang thirc can bdc hali

W:W:{A khi_Azo

~A khi A<0
4.Cdc phép bién déi can thirc

+)m_f.\1§_ (A=0;B>0)

+)\/7 (A>0;B>0)

+)\/AT:\AN§ (B >0)
+)\/7f:i\/73\‘.8 (A.B>0; B=0)

m— m(A+‘/_) (B>0; A’+B)
A+JB
= ”'(*/_J”/E) (A>0;B>0;A=B)
JA+.JB A-B

+) JA£2B = Jm+2/mn+n :\/ﬁ:‘ﬂi&‘

S Im+n=A
Vo1
m.n=B




B.MOT SO Vi DU
VD1.Thu gon, tinh gid tri cic biéu thirc
A=(3-3)(-2v3)+(3vB +1)

3+2J_ 2+2
B a 2+8)
C=\3-20 —\J6+48

D=v2+3++2-3
Giai
A=—6B+6+27+§B+1=34

+2 +1
Jg(g ) \/Z\/(_il)_z_\/g:\/§+2+ﬁ—2—\/§:\/§

B=

C:JZ—Z\/Z_H —\/4+2\/§+2:\/(\/5+1)2—\/(2+\/:\2:-\5+1—2—\/—:—1

D.JE:JE.(J2+J§+J2—J§):J4+2\z§‘+\/4—2\é_:\/(\/§+1)2 +\/(\/§—1)2
—DA2=3+1+3-1=23=>D=+6

X +»\/_ 2x+-\/;
X — \/_+1 Jx

a)Rut gony. Timx déy = 2.
b)Cho x > 1. Chiing minh y — L/ |: 0
¢) Tim gia tri nho nhét cia 'y

]
ﬁ -\/* +1 (2 X+1)
a)y= x(\/_+1 |+1—f \/\/;_ =\/;(\/;+1)+1—2\/;—1=x—\/;

y=2ex-Vx=2ex-Jx-2=0c(Jx+1)(Vx -2)=0

Sx-2=00Vx=2cx=4 ‘ 9
(O day ta co thé ap dung giai phuwong trinh bdc hai bang cach dat an phu)

b) Co y ) =x- ‘ \/_‘

VD2.Cho biéu thirc y =

Giai




Dox>1:>x>\/;:>x—\/;>0:>‘x_.\/§‘:

=y-lyF0
c) Co:

[EEN
[EEN

F-O- 5-()- 23)‘_1+ - {*“ZJ‘

VayMiny:—_khl /—:_<:> /—:_<:>x:_
,4 X 2 X 2 4
VD3.S0 sanh hai so sau

a=+/1997 ++/1999 va b = 2/1998

Giai

a=41998-1++/1998+1= \/(\/1998—1 + x/l998+1)2

Co
= \/ 2.1998 + 2/1998% -1 < \/ 2.1998 + 2/1998% =2./1998

Vay a<hb.

C.MOT SO BAI TAP CO BAN7
1. Thuc hién phép tinh, rat gon biéu thirc

A=4/3+2/2 57+ 408
B=4/1100 - 784 + 2 476 — /1331

C:\/(l— V2002 ) /2003 + 242002

:\/_ +45r+2\/_
'(f”f [ns )P
\ )

N N_—J8+2J1_

—\4+47 - \/4

8+\/6_

=\9- 45 - J9+4J'

K = (2/8+3V5 - 7:8).(\72 -5¢20 - 2:¢)

L _N2+45-414
J12

N W

_ICDTI




(55+ ) (5-y22)
75-58
3+J‘ 3-5
3-5 315
_ 3J8-2a12+20
_3\/T8—2\/ﬁ+\/ﬁ
Q= ! 2_(5_2\;;\]2
(2+3) \2=V5)
R= \/3+«/13+\/_8

2. Tinh gié tri cua bl(_j‘[u thirc 1 1
A= — khia = b=

a+l b+l 7+48 7-48
B:5x2—4\ﬁx+4 khix:JS+\/I

N =

5
_Le2x | 1-2x khix = >
1T+1+2x  1-+1-2x 4
3.Chtrng minh
2) l 1 1 _ B

J— 3{ J‘12 J‘ 2
b)\3/2+J_+\/2—\/_ =1
2+43 2-3 _
@m Al

d) S= 1 12 mot s6 nguyén.
1+J_ J§+\/_ J_+ 100
2X — Jx) —x +2x -2
4.Cho A=" , (— )
\/_ 2 Jx +2

a) Rut gon A va B.
b) Tim x d¢ A = B.

+1
5.Cho A= X . Tim s nguyén x dé A nhan gia tri nguyén.

Jx-3

6.Tim X, biét:

7 T x X+l X=5 _
2) (4-x) BI=36 b © == 9 el




§2.HE THUC LUQNG TRONG TAM GIAC VUONG
Ti SO LUQNG GIAC CUA GOC NHON

A.KIEN THUC CO BAN
1.Dinh ly Pitago
AABC vuéng tai A < AB’+ AC’=BC’
2.H¢ thirc lwong trong tam giac vuong
A

B H C

1) AB2 = BH.BC; AC? = CH.BC
2) AB.AC = AH.BC
3) AH2 = BH.HC
1 1 1
AH?2  AB? AC?

Két qua:
2
-V i tam giac déu canh 14 a, ta c6: h = aT; s=4 f
3.Ti s6 lwong gidc ciia géc nhon
bit LZACB = a; ZABC = 3 khi do:
: AB AH AC HC AB AH
SInoL = = ; = ;o t = =

—=—; C0So.=—=—7; tgo=—=—;
BC AC BC AC AC HC
b =asinB =acosC = ctgB = ccotgC

¢ = acosB = asinC = bctgB = btgC

Két qua suy ra:



1) sina=cosPB; cosa.=sinB; tga=cotgP; cotga =tgp
2)0<sina<l; O<cosa<l; tgo=-"%: cotga="""

cosa. sina

s 2 2 . 1. 1. 1 _ . 1 _
3)sin“a + cos‘a.=1; tga.cotgo=1; - =1+ cot ga; pv— =1+ tga
4) Cho AABC nhon, BC =a; AC=b; AB = ¢ khi d6:

a®=Db® + c*~2bc.cosA; S, ¢ :% bcsin A

B.MOT SO Vi DU
VD1.Cho tam giac ABC c6 AB>AC, ké trung tuyén AM va duong cao AH. Chiing
minh: )

, BC

2 2
a) AB +AC =2AM+ -

b) AB’— AC’=2BC.MH
VD2.Cho hinh thang ABCD (AB//CD c6 AB = 3cm; CD = 14cm; AC = 15cm; BD =
8cm.

a) Chirng minh AC vudng goc véi BD.

b) Tinh dién tich hinh thang.
VD3.Tinh dién tich hinh binh hanh ABCD biét AD = 12; DC = 15; « ADC=70°.

C.MOT SO BAI TAP CO BAN

1.Cho tam gidc ABC vudng cén tai A, trung tuyén BD. Goi I 1a hinh chiéu cta C trén
BD, H 1a hinh chiéu cua I trén AC.
Chung minh: AH = 3HIL

2.Qua dinh A cua hinh vuéng ABCD canh bang a, v& mot duong thang cat BC ¢ E va
cat duong thang DC ¢ F.

PR
AE?  AF? &?

Chtrng minh:

3.Cho tam giac can ABC c6 day BC =a; £ BAC =2 o ; a<45°. Ké cac duong cao
AE, BF.

a) Tinh cac canh ctia tam giac BFC theo a va ti s6 luong giac ctia goc o .

b) Tinh theo a, theo cac ti s6 lwong gidc ciia goc a. va 20, , cac canh cia tam
gidc ABF, BFC.

¢) Tur cac két qua trén, chimg minh cac dang thic sau:



1) sin2a = 2sin acosa;
2) cos2a.=cos’a —sin’a;

3)tg2a= _2tga
1-tg°o

§3.PHUONG TRINH - HE PHUONG TRINH - BAT PHUONG TRINH
(Bdc nhat)

A.KIEN THUC CO BAN
1.Phwong trinh bic nhét mét dn

-Quy dong khtr mau.

-Pua vé dang ax + b =0 (a # 0)

-Nghiém duy nhat 1a X = ?b
2. Phwong trinh chira dn ¢ méu

-Tim DKXD cua phuong trinh.

-Quy dong va khir mau.

-Giai phuong trinh vira tim duoc.

-So sanh gié tri vira tim duoc véi PKXD roi két luan.
3.Phwong trinh tich

Pé giai phuong trinh tich ta chi can giai cac phuong trinh thanh phan caa né.
Ching han: Véi phuong trinh A(x).B(x).C(x) =0

[A(x)=0

|
<[ B(x)=0
C(x)=0
4.Phwong trinh c6 chiva hé so chiv (Gidi va bi¢n lu@n phuong trinh)
Dang phuong trinh nay sau khi bién doi cing c6 dang ax + b = 0. Song gia tri cu
thé cua a, b ta khong biét nén can dat di€u ki¢n dé xac dinh s6 nghi¢m ctia phuong

trinh. X
-Néu a # 0 thi phuong trinh c6 nghiém duy nhat X = —-
a

-Néu a = 0 va b = 0 thi phuong trinh c6 v6 s6 nghiém.



Néua=0vab#0 thi phuong trinh v6 nghiém.
5.Phwong trinh co chira diu gid tri tuyét doi q
Can chu y khai niém gia tri tuyét d6i cua mdt bi€u thuc
A khiA>0
A= {—A khi A <0

6.Hé phwong trinh bic nhit

Cach giai chu yéu dua vao hai phuong phap cong dai s va thé. Cha ¥ phuong
phap dit an phu trong mot sd trudng hop xuat hién céc biéu thirc giéng nhau & ca hai
phuong trinh.
7.Bit phwong trinh bic nhit

Vi bat phuong trinh bac nhat thi viéc bién d01 twong ty nhu voi phuong trinh
bac nhét. Tuy nhién can chi ¥ khi nhan va ca hai vé v6i ciing mot s am thi phai doi
chiéu bat phuong trinh.

B.MOT SO Vi DU
VD1.Gidi cac phwong trinh sau

a) 2(x—3)+1=2(x+1)-9 b) —5( -9)=
c) 13 L1t _ 6 d)f<—3‘+3‘ —(:10(*)
2x° +x-21 2x+7 x°-9

20X +1 )

Giai
a) 2(x-3)+1=2(x+1)-9 < 2x-5=2x-7<-5=-7(Vo ly)
Vay phuong trinh v6 nghém.

b) %— 5(x -9) = ZOX%@ 21x —120x +1080 = 80X + 6 <> ~179x = ~1074 <> x = 6

Vay phuong trinh ¢6 nghiém X = 6.

0 13 +1:6<:>D13 +1 6

2x* +x-21 2x+7 x*-9  (x=3)(2x+7) 2x+7 (x 3)(x+3)

PKXD: X#+3; X#—_

2
—13(x +3)+ (x = 3)(x +3) =6(2x + 7) <13x + 39 + X" — 9 =12x + 42
=3¢ DKXD
Sx+x-12=0<(x-3)(x+4)=0 X =3¢
<T =—4e DKXD

Vay phuong trinh c6 nghiém x = - 4.

d) Lap bang xét dau
| X | 3 7




X—-3 - 0 + +

X-7 - - 0 +

-Xét x < 3:

(*) <:>3—x+3(7—x):10<:>24—4x:10<:>—4x:—14<:>x:; (loai)
-Xét3<x<T7:

(*) ©x-3+3(7-%)=10<-2x+18=10 < -2x=—8<>x =4 (t/man)
-Xétx>7:

*) <:>x—3+3(x—7)=10<:>4x—24:10<:>4x:34<:>x:g (loai)

Vay phuong trinh ¢6 nghiém x = 4.

VD2.Giai va bién ludgn phuwong tlz’lnh sau

Giai

X+a—-b X+b-a

a)a_b:ab(l)

ax-1_ 2 M(Z)
Xx-1 x+1 x? -1

b)

a) DK:a#0;b#0.
Q)< b(x+a-b)-a(x+b-a)=b*-a’
< bx +ab-b’ —ax —ab+a’ =b* —a’
o((b-a)x=2(b-a)(b+a)
2(b—-a)(b+a)
, b-a
-Néu b —a =0 = b =a thi phuong trinh c6 v6 so nghi¢m.
Vay: ’
-V6ib # a, phuong trinh ¢6 nghiém duy nhat x =2(b + a).
-V6i1 b = a, phuong trinh ¢6 vo s6 nghiém

Néub—-a#0=b=a thi x= =2(b+a)

b) PKXD: x # +1
(2) = (ax-1)(x +1)+ 2(x 1) =a(x* +1)
Sax’+ax—Xx-1+2x-2=ax’ +a
o(a+l)x=a+3
a+3

Néua+1#0=a=-1thi x=——
a+l

Néu a+ 1=0= a=—1 thi phuong trinh v nghiém.
Vay:




-Véi a # -1 va a # -2 thi phuong trinh ¢6 nghiém duy nhit X = a+3

a+1
-Véi a = -1 hodc a = -2 thi phuong trinh v6 nghiém.
VD3.Gidi cac hé phuwong trinh sau
[ 1 N 1 5 (x+2y 3z=2
2) X +5y =7 b)JXer X-y 8 c){x 3y+z=5
3X -2y =4 1 _ 1 _3 Xx-5y=1
[x—y X+y 8 L
Giai
(X +5y=7 X=7-5y X =7 -5y X=7-5y [x=2
a) & o < S
3x-2y=4 |3(7-by)-2y=4 (2-17y=4 ""|y=l y=1

hoic Jx+5y:7<:>Q3x+15y:21<:>£17y:17 Jy =1
3x-2y=4 [3x-2y=4 13X—-2y=4 [x=2

b) bK: x # +
2 1 Y 1
dat =u; =V
X + X —
d - (1
C 8 | 2
Khi do cohe_:mcn{ 3 'U+v="o 1
usv=_ | 8 lu=_
8 -
Thay tro lai, ta dugc {X+¥z28<:>4[§/(23?
L
[x+2y—3z= 2 [x=1+5y [x =1+ 5y H(=6
C) x— §;+ S 1+5y+2y 32=2& -3z=1 y=1
X —5y=1 Lisy_3y+z=5 154224 4z:2

| | l |
C.MOT SO BAI TAP CO BAN
1.Giai cac phuong trinh sau



X+17 3X-7 _

a) 3(x+4)-5(x-2)=4(3x-1)+82 b) 2

X+1 X+2 X+3 Xx+4 x-1 X
+ = + —

c)

-2
X -3

d)

x-2 x x(x-2)

)x+2 1_ 2 f)T(+3’:5

65 64 63 62 Xx+3 X—-3 9-x

g) $x -1} 2x +6 h)2-x}32x+1j=4

i) 5+3x(x+3)<(3x-1)(x+2) k) 3 5

2.Giai va bién luan cac phuong trinh sau

a) X__a+b:X__b+a
a b

b)a®(x -1) —3a=x
0 ax-l_x+a:a2+1
a+1 1—la a’ -1
a
X—a X+1 x-a x+1

3.Giai cac h¢ phuong trinh sau

X+y=24

{ Y b)[x+4y—5:0 0 2u*—v* =7
a) 4_><+X:2§ 2X —5y+12=0 u?+2v? =66

9 7 9

[(m+1)x-y=3
4.Cho hé phuong trinh i
mX+y=m

a) Giai hé véim = -2
b) Tim m dé hé c6 nghiém duy nhat sao cho x + y duong.

§4.CHUNG MINH

AKIEN TH(IC CO BAN
1.Tam gidac bang nhau

4x+3_x—1>2x—3_x+2

2 4

(m+n+p=21
~n+p+q:24
p+g+m=23
[q+m+n:22

BANG NHAU - SONG SONG, VUONG GOC - PONG QUY, THANG HANG



ZA=ZA", /B=«/B';, £/C=/£C
AB=A'B; BC=B'C'; AC=A'C

b) Cac truong hop béng nhau cua hai tam giac: c.c.c; c.g.c; ¢.C.Q.

¢) Céc truong hop bang nhau ctia hai tam giac vudng: hai canh goc vudng; canh
huyén va mot canh goc Vuong, canh huyén va mot goc nhon.

d) H¢ qua: Hai tam giac bang nhau thi cac duodng cao; cac dudong phan giac; cac
duong trung tuyén tuong ung bang nhau.
2.Chirng minh hai géc bang nhau

-Dung hai tam giac bang nhau hodc hai tam giac dong dang, hai goc ctia tam
giac can, déu; hai gbc cua hinh thang can, hinh binh hanh, ...

-Dung quan hé giira cac goc trung gian véi cac goc can chang minh.

-Dung quan h¢ cac goc tao boi cac duong thang song song, d6i dinh.

-Dung moi quan hé cua cac goc voi duong tron.(Chung minh 2 goc noi tiép
cung chan mot cung hodc hai cung bang nhau cia mot dudng tron, ...)
3.Chirng minh hai doan thing bang nhau

-Dung doan thing trung gian.

-Dung hai tam giac bang nhau.

-Ung dung tinh chat dic biét ctia tam giac can, tam giac déu, trung tuyén tmg

v6i canh huyén cua tam giac vuong, hinh thang can, hinh chir nhat, .

-Str dung céc yéu t6 ctua dudng tron: hai day cung cua hai cung bang nhau, hai
duong kinh ctia mgt duong tron, ...

-Dung tinh chat dudng trung binh cua tam giac, hinh thang, ...
4.Chieng minh hai dwong thang, hai doan thing song song

-Dung mbi quan hé gitra cac goc: So le bang nhau, déng vi bang nhau, trong
cung phia bu nhau, ...

-Dung mdi quan hé cung song song, vudng goc v4i duong thang thi ba.

-Ap dung dinh 1y dao cia dinh 1y Talet.

-Ap dung tinh chét ctia cac tir giac dic biét, dudng trung binh cta tam giéc.

-Dung tinh chét hai ddy chan giira hai cung bang nhau cia mot dudng tron.
5.Chirng minh hai dwong thing vuéng goc

-Chimg minh ching song song v&i hai duong vuong goc khac.

-Dung tinh chat: duong thang vudng goc vi mot trong hai duong thang song
song thi vudng goc véi dudng thang con lai.

-Dung tinh chét cua duong cao va canh doi dién trong mot tam giac.

-Pudng kinh di qua trung diém cta day.

-Phén giac cta hai goc ké bu nhau.
6.Chirng minh ba diém thang hang

-Dung tién dé Oclit: Néu AB//d; BC//d thi A, B, C thang hang.

-Ap dung tinh chét cac diém dic biét trong tam giac: trong tam, truc tim, tim
duong tron ngoai tiép, ...

-Chtmg minh 2 tia tao béi ba diém tao thanh goc bet: Néu goc ABC bang 180°
thi A, B, C thang hang.

a) Khai niém: AABC=AA'B'C" khi {



-Ap dung tinh chét: Hai goc bang nhau c6 hai canh nam trén mot duong thang
va hai canh kia ndm trén hai nira mit phang v6i bd 13 duong thang trén.

-Ching minh AC la duong kinh cua duong tron tam B.
7.Chirng minh cdc duwong thing dong quy

-Ap dung tinh chat cac duong ddng quy trong tam glac

-Chtrng minh cac dudng thang cung di qua mot diém: Ta chi ra hai dudng thang
cit nhau tai mot diém va ching minh duong thang con lai di qua diém do.

-Dung dinh ly d4o cta dinh ly Talet.

B.MQT SO Vi DU
VD1.Cho mét nira luc gidc déu ABCD ndi tiép trong nira dudng tron (O; R). Hai tiép
tuyén tai B va D cat nhau & T.

a) Ching minh rang OT//AB.(géc BAD = goc TOD)

b) Chtg minh ba diém O, C, T thang hang.(phan giac BOD; song song véi
AB)

14 . \ A 14 ? M4 - . — 3R2 ’J§
¢) Tinh chu vi va dién tich cua tam gidc TBD theo R.(P =3./3R ;S = )
4
d) Tinh theo R dién tich gidi han boi hai canh TB, TD va cung BCD.
(=R’ (ﬁ - ’é}

VD2.Cho nua duong tam O duong kinh AB =2R, M la trung diém AO. Cac dudng
vuong goc voi AB tai M va O cat nira duong tron tai D va C.
a) Tinh AD, AC, BD va DM theo R.(AD =R; AC= R+2;BD=R+/3; DM =

R+f3
4

b) Tinh cac goc cua tir gidc ABCD.(ABD = 30°% ABC = 45% BCD = 120% ADC
= 135%)

¢) Goi H 1a giao diém cua AC va BD; I 14 giao diém ctia AD va BC. Chiing
minh rang TH vudng goc véi AB.(AC, BD 1a cac dudng cao cia tam giac IAB)
VD3.Cho tam giac ABC déu canh a. Kéo dai BC mét doan CM = a.

a) Tinh cac goc cta tam gidc ACM.(ACM = 102°% CAM = CMA = 30°)

b) Chirng minh Am vudng goc véi AB.(MAB = 90°)

¢) Kéo dai CA mdt doan AN = a va kéo dai AB mot doan BP = a. Chiing to6 tam
gidc MNP déu.(tgMCN = tgNAP = tgPBM)

C.MOT SO BAI TAP CO BAN
1.Cho hinh vuong ABCD. Léy diém M trén duong chéo BD. Goi E, F lan lugt 13 hinh
chiéu caa M 1én AB va AD.

a) Chung t6: CF = DE; CF vudng goc v6i DE. Tir d6 tim quy tich giao diém N
cua CF va DE. (tgCFD = tgDAE; quy tich N la % dwong tron-cung tron DNO c0
dwong kinh CD)



b) Ching t6: CM = EF va CM vudng goc vai EF. (tgCKM = tgFME, K la giao
cua FM va CB)

¢) Ching minh rang cac dudng thang CM, BE, DE ddng quy.(CM, ED, FB la ba
dwong cao ciia tam gidc CEF)
2.Cho tam giac ABC vudng & A. Puong tron qua tdm O qua A tiép xuc véi BC tai B
va duong tron tAm I qua A tiép xuc véi BC tai C.

a) Chtrng minh hai dudng tron (O) va (I) tiép xuc nhau tai A.(tgOAB; tgIAC
can; OAB + CAIl + BAC = 180°; O, I, 4 thang hang)

b) Tt O ké duong vuong goc voi AB va tir [ ké duong vudng goc vai AC.
Chtng minh ching cit nhau tai trung diém M ctia BC.(MA = MB = MC)

¢) Chirng minh MO vudng goc vi MI.(OMI = 90°)

d) Kéo dai BA cat duong tron tim I & P. Chiing minh C, P, I thang hang.(tinh
chat goc néi tiép hodc PIA + AIC = 180°)
3.Cho hai dudng tron (0), (O’) cit nhau tai A va B sao cho goc OAO’ bang 90°. Qua
A ké cat tuyén MAM’” vudng goc véi AP trong d6 P 13 trung diém caa 00’ M, M’
theo thir tr 12 giao diém cta cat tuyén v6i hai duong tron (0); (O’). Ching minh:

a) AM = AM’.(A |a trung diém ciia DC; OC, O’D vuéng géc véi MM)

b) Tam giac ABM can.(tgOAC =tgOHA)

¢) BM vuéng goc voi BM’.(AB = AM’; t/c trung tuyén tam gidc vudng)

d) Véi vi tri nao cua cat tuyén MAM” thi MM’c6 d6 dai 16n nhat. (MM '=200;
MM’//00°)

§5.PHUONG TRINH BAC HAI
ax?+bx+c=0(a#0) (1)

“Trong truong hop gidi va bién luin, can chi y khi a = 0 phwong trinh tré thanh
bac nhat mét an (§5).

A.KIEN THUC CO BAN
1.Cac dang va cdch gidi
Dang 1: ¢ =0 khi d6

(1)< ax’ +bx =0 < x(ax+h) =0 < b

||_X=O
| x =
L a
Dang 2: b =0 khi do

(1)<:>ax2+c:0<:>x2:—C
a

Néu >0 thi x==+ /_—C.
a a



-Néu _?C < 0 thi phuong trinh v6 nghiém.

Dang 3: Tong quat

CONG THUC NGHIEM TONG QUAT CONG THUC NGHIEM THU GON

A = b*— 4ac A'=b%—ac

A>Q0 : phuwong trinh c6 2 nghiém phan biét | A'> 0: phwong trinh ¢é 2 nghiém phén biét

_—b+yA, y _—b-/A _—b+/AT y _—b-JA
’ - A. _Tl _T

X
1 a 2 oa 1 2
A= 0 : phwong trinh c()bnghiém kép A'=0: phuong trinh c% nghi¢m kép
X =X =__ X =X =__
12 o R I
A<Q : phuong trinh vé nghi¢ém A' <0 : phwong trinh v6 nghiém

Dang 4: Cac phwong trinh dwa dugc vé phuong trinh bic hai
~ Can chu y dang trung phuong, phuong trinh vo ti va dang dat an phu, con
dang chtra an & mau va dang tich da noi & §5.

3.H¢ thirc Viet va irng dung
-Néu phuong trinh ax? + bx + ¢ = 0 (a # 0) ¢6 hai nghiém x;, X, thi:
b

Uu+v=S o
(S2 > 4P) thi u, v 1a hai nghiém cua

-Néu co6 hai s6 u va v sao cho
uv="~P

phuong trinh x? — Sx + P = 0.

-Néu a + b + ¢ = 0 thi phuong trinh ¢6 nghiém 1 x; = 1; X, = C_
a
c

-Néu a—b + ¢ = 0 thi phuong trinh ¢6 nghiém la x; = -1; X = ~
d

4.Piéu kign cé nghi¢m ciia phwong trinh ax? + bx + ¢ = 0 (a #0)
-(1) c6 2 nghiém A> 0 ; c6 2 nghiém phan biét A> 0.
) . . JA=0
-(1) ¢6 2 nghiém cung dau {P 20
A>0

-(1) ¢6 2 nghiém dwong {P >0
S>0



A>0
-(1) ¢6 2 nghiém am {P >0
S<0

-(1) ¢6 2 nghiém trai dau ac <0 hoac P <0.
5.Tim diéu kién ciia tham so dé 2 nghiém ciia phwong trinh théa mén diéu kign ndo
do.

) ) 1 1
a) aXx +Px =y; b)x"+x “=m; c¢) + =n
1 2 1 2 Xl XZ
d x*+x *>h; e)x’+x°=t;...
1 2 1 2 .

Trong nhitng truong hop nay can str dung h¢ thuc Viet va phuong phap giai hé

phuong trinh.

B.MOT SO Vi DU
VD1.Gidi cac phwong trinh sau

a) 3x2 + 2x=0 b) _EX2+8:0 c)X*+3x-10=0

|

d) V2 +(V2-1)x+1-22=0 ) x—4Vx+3=0 f) (x+1)(x+2)(x+3)(x+4)=3
Gidi

2 [X=

a) 3" +2x=0=x(3x+2)=0<""2

Vay phuong trinh ¢6 2 nghi¢m phéan biét .....

b) - " xX*+8=0=x'=16=>x=144

2
Vay phuong trinh c6 2 nghi¢m phan biét .....
c)a=1;,b=3;c=-10

A:b2—4ac:32—41(—10)=49>0

2a 2.1 22 21
Vay phuong trinh c6 2 nghiém phan biét .....

d) a=+2;b=+2-1;c=1-2%

Coa+b+c=2++2-1+1- 20 =0

Theo hé thirc Viet, co: x =1;x _C_ 1-2d_ J2-4
1 2 a \/E 2

e)Bétt:\&ZO,tac()ptméi: t2 — 4t + 3 =0.
Coa+b+c=1+(-4)+3=0.




Vayt1 =1, t, =3,

Suyra: X3 =1; X2 =9.

f) (x+1)(x+2)(x +3)(x+4)=3 <> (X’ +5x +4)(x* +5x +6)=3
Pit x? + 5x + 4 =, ta co:

t=1
t.(t+2):3<:>t2+2t—3:0<:>(t—1)(t+3):0Tt|— ;
X+5x+4=1 o[xX’+5x+3=0 <|x, =
Suy ra: (x +5X+4=-3 |x +5X+7=0 —5+«/_ :—5—2J1_3
L | ]

Vay phuong trinh c6 hai nghiém phan biét ...
VD2.Cho phwong trinh x> + 3x —m =0 (1)
a) Giai phuong trinh véi m = 4.
b) Giai va bién luan theo m s6 nghiém ctia phwong trinh (1).
¢) Tim m dé (1) c6 nghiém x= -2. Tim nghiém con lai.
d) Tim m dé phuong trinh c¢6 hai nghiém x1, X, thda man mot trong cac diéu
kién sau:
1.2X; + 3%, = 13.
2. Nghiém nay 16n hon nghiém kia ba don vi.
3.x2+x2=11.
e) Chung t rang i; 1 1a nghiém ctia phuong trinh mx? — 3x — 1 = 0. Trong
Xl X2
do6 x1, X2 1a hai nghiém cua (1).
f) Tim m dé phuong trinh (1) c6 hai nghiém cung dau. Em c6 nhan xét gi vé hai
nghiém do.
Gidi
a) Véim=4taco:x>+3x—-4=0 (a=1;b=3;c=-4)
Nhén thdy: a+b+c=1+3+(-4) =0

. C
Theo hé thirc Viet, c6: x1=1; X, = _=—-4

a
b) c6: A=b’—4ac=9+4m

A>09+4mM>0m>—

4
:—b+\/Z:—3+«/9+4m_ « :—b—»\/Z:—S—\/9+4m
' 2a 2 P 2a 2
A=0<9+4dm=0=m=—

4
X, = X _b_3
28 2

9
A<O<:>9+4m<0<:>m<—4 phuong trinh v6 nghiém.



) Phuong trinh (1) c6 nghi¢m x = -2, do do:
(-2 +3(-2)-m=0<m= -2
-Tim nghi¢m thur hai
cach 1: Thay m = -2 vao phuong trinh da cho: x> + 3x +2 =0

céa—b+c=1—3+2:Onénx1=-1;x2=_—C=—2
a
Vay nghiém con lai %)éx=-1. b
Cach2:Tacoxi+x;=— =>x=- -x =-3-(-2)=-1
a * a ‘!
Cach3: Tacoxpxe = =x=_:x= "=-1
a *a to22
A>0
X+ X,=— D
a
d) Phuong trinh ¢6 hai nghiém théa man 2x; + 3x; =13 < c
XX =
12 g
( o 2x1+3x2_13
m=>-—
e lX + x2: -3 giai hé tim duogc x1 =-22, x2 =19; m=418.

|2X;, +3X, =13
-Tuong tu ta tim duogc (x1 = -2; X2 = -3; m = -6); (m=1)
(1 1 x+X% 3 ,
XX xx_ m _(3) (l] 9 4 9+4m

X
e) Taco 1112 112 1 maLmJ -4 . , >0

[Xl X, XX, m

Viay i; — la hai nghiém cta phuong trinh

Xl X2
xz—ix_l_:0<:>mx2—3m—1:0

m m

9
o JA=0 {[m 2 9

f) Phuong trinh ¢6 hai nghiém cung dau P>0 < 4<-42<m<0



Hai nghi¢ém nay ludén 4m. Vi S = - 3.

C.MOT SO BAI TAP CO BAN
|

1.Giai cac phuong trinh sau
a) X'~ 5x=0 b)2x’+3=0 c)x’ ~11x+30=0 d)x*~(1+ V2 )x+42=0

‘_7x2412=0 f) {(x=2) =5JXx—2+6=
e)xzxir1 A )J(Xx=2)" =5v¥x-2+6=0

9) — + =0 h)(x+1)(x +2)(x +5)(x—2)=-
i) 2);22:?3)(_)(:(9,)(_3) X(X+_21)2 k) X% + L —45(x+1\+7=0
" 7

2.Cho phuong trinh x° — 23X +1=0, c6 hai nghiém x31, X2. Khong giai phuong trinh.

Hay tinh gia tri cac biéu thuc sau: 5 )
3 3X“+5x X + 3X

2 2 3
A=X +X,; B=X ,x - C =l 2 2
2 - 2[x73x+4xx
1 2 12

3.Cho phuong trinh x2 + mx + m+3 = 0.
a) Giai phuong trinh voi m = -2.
b) Giai va bién luan s nghiém ctia phuong trinh.
c) Tinh x;% + X2 ; X2 + x 3 theom.
d) Xéac dinh gid tri ciia m dé x4 + X, = 10.
e) Tim m dé 2x; + 3x, = 5.
f) Tim m dé phuong trinh c6 nghiém x = -3. Tinh nghiém con lai.
g) Tim m dé phuong trinh ¢6 2 nghiém cing dau duong.
4.Cho phuong trinh bac hai: mx? — (5m-2)x + 6m —5 =0.
a) Giai phuong trinh véi m = 2.
b) Chimg minh phuong trinh ludn ¢6 2 nghiém phan biét.
¢) Tim m dé phuong trinh ¢6 2 nghiém ddi nhau.
d) Tim m dé phuong trinh ¢6 2 nghiém 1a nghich déo cua nhau.
e) Tim m dé phuong trinh c6 nghiém 12 x = 0. Tim nghiém con lai.
f) Tim m dé phu:orng trinh ¢6 hai nghiém cung am
5.Cho phuong trinh x2 —mx + m — 1 =0, an x, tam sd m.
a) Chung t6 phuong trinh c¢6 hai nghiém x1, X véi moi m. Tinh nghiém kép
(néu c6) cung gia tri trong Ung cua m.
b) Bat A = x12 + X2 — 6X X .
+) Ching minh A = m? — 8m + 8.
+) Timm dé A = 8.
+) Tim gia tri nho nhat ctia A va gia tri tuong tmg cia m.
6*.Cho phuong trinh béc hai: ax? + bx + ¢ = 0 v6i abe # 0.



a) Tim diéu kién dé phuong trinh c6 hai nghiém x1; Xo.
b) Lap phuong trinh nhan hai s6 (x, +a); (X, +a) lam nghiém.
¢) Lap phuong trinh nhan hai s ax,; oX, lam nghiém.



1
d) Lap phuong trinh nhan hai sd i __lam nghiém.
Xy Xz

X, \ ‘A
e) Lap phuong trinh nhén hai ) X— % —“lam nghiém.
2 Xy

§6.CHUNG MINH HAI TAM GIAC PONG DANG
HE THU'C HINH HQC

AKIEN THI’;’C CO BAN
1.Tam gidc dong dang
JLA =/A" /B=/B" /C=,/C

AB_ AC BC

{A'B' A'C' B'C
-Céc truong hop dong dang cta hai tam gidc: c—Cc—C;c—g—C; g—g.
-Céc truong hop dong dang cua hai tam giac vudng: goc nhon; hai canh goc
vuong; canh huyén canh goc vudng..
*Tinh chat: Hai tam giac dong dang thi ti s6 hai duong cao, hai duong phan
giac, hai duong trung tuyen tuong ng, hai chu vi bang ti s6 dong dang; ti s6 hai dién
tich bang binh phuong ti s6 dong dang.

-Khéai niém: AABC ] AA 'B'C' khi

2.Phuwong phap chirng minh hé thirc hinh hoc

-Dung dinh 1i Talet, tinh chat duong phan gic, tam gidc déng dang, cac hé thirc
lugng trong tam gidc vuong, ...

Gia sir can chimg minh MA.MB = MC.MD

-Chtng minh hai tam giac MAC va MDB dong dang hodc hai tam giac MAD va
MCB.

-Trong trudng hop 5 diém do6 cung nam trén mot duong thang thi can ching
minh cac tich trén cing bang tich thi ba.

Néu can chting minh MT? = MA.MB thi chting minh hai tam giac MTA va
MBT ddng dang hoic so sanh véi tich thit ba.

Ngoai ra can cha y dén viéc sir dung cac hé thuc trong tam giac vudéng; phuong
tich cia mot diém véi dudng tron.



B.MOT SO Vi DU

VD1.Cho hinh binh hanh ABCD. Tur dinh A ké cat tuyén bat ki cit dudng chéo BD tai
E, cit canh BC tai F va cét canh CD tai G. Chiing minh:

a) Cac tam giac DAE va BFE dong dang.

b) Cac tam giac DGE va BAE dong dang.

c) AE? = EF.EG.

d) Tich BF.DG khong d6i khi cat tuyén qua A thay d6i.
VD2.Cho hinh binh hanh ABCD. Tur C ké CM vuong goc voi AB, CN vudng goc vai
AD. Gia str AC > BD. Chtng minh rang: AB.AM + AD.AN = AC2

C.MOT SO BAI TAP CO BAN
1.Cho tam giac ABC c6 ba goc déu nhon. Cac duong cao AD, BE, CF cit nhau tai H.
Goi M 1a trung diém ctia BC. Pudng thang qua H vudng goc voi MH cat AB tai P, cét
AC tai Q. Ching minh:

a) AAHP ~ACMH

b) AQHA ~AHMB

c) HP = HQ.
2.Cho tam giac déu ABC. Goi M 1a trung diém cua BC. Lay P trén canh AB, Q trén
canh AC sao cho goc PMQ bang 60°,

a) Chtrng minh AMBP ~ AQCM . Tir d6 suy ra PB.CQ ¢6 gia tri khong doi.

b) Ké MH vuoéng goc vai PQ, chirng minh AMBP ~ AQMP; AQCM ~AQMP .

¢) CHing minh d¢ dai MH khong ddi khi P, Q chay trén AB, AC va van thoa
mén diéu kién goc PMQ bang 60°.
3.Cho tam giac ABC c¢6 BC = a; AC = b; AB =c (b > ¢) va cac phan giac BD, CE.

a) Tinh do dai CD, BE rdi suy ra CD > BE.

b) V& hinh binh hanh BEKD, chitng minh CE > EK.

¢) Chtrng minh CE > BD.

‘ §7.GIAI BAI TOAN
BANG CACH LAP PHUONG TRINH - HE PHUONG TRINH

A.KIEN THUC CO BAN
Phwong phap gidi



Budc 1. Goi an va dit diéu kién: Goi mot (hai) trong ) nhirng diéu chua biét
lam 4n va dat diéu kién cho an.

Budc 2. Biéu dién cac dai lugng chua biét con lai qua an.

Budc 3. Lap phuong trinh (h¢ phuong trinh): Dya vao mdi quan hé giira dai
luong da biét va chua biét.

Budc 4. Giai phuong trinh (hé phuong trinh) vira 18p ¢ trén.

Budc 5. Két luan: Klem tra gid tri tim dwgc voi diéu kién roi két luan.

*Chi y viéc tom tit bai toan trude khi lam.

B.MOT SO Vi DU
1.Dé di doan duong tir A dén B, mot xe may da di hét 3h20 phat, con mot 6to chi di

hét 2h30phut. Tinh chiéu dai quing dudng AB biét rang van tdc ciia 6t0 16n hon van
toc xe may 20km/h.

Quang dudng (km) | Thoi gian (h) Van toc (km/h)
10 10 3x
4 3h20ph=""h x: o 2%
Xe may X 3 3~ 10
o 5 2x
AtA 2h30ph =_h X, —= —
Oto X > >~ 5
Tu d6 ¢6 phuong trinh Zi— ?ﬁ: 20, gidi duge x = 200 km.
5 10
Van toc (km/h) Thoi gian (h) Quang duong (km)
10 10
Xe may X - 20 3h20ph = ?h ? (X — 20)
° 5
A6 2h30ph = _h e
Oto X 5 > X
.5 10
Tir 6 ¢6 phuong trinh > X =§ (X — 20), giai dugc x = 80 km/h.
Van toc (km/h) Thoi gian (h) Quang duong (km)
10
Xe may X 3h20ph = ?h 10,
A 5 5
010 x+ 20 h30ph="h | (+20)

Twr d6 c6 phuong trinh 1_OX = E(X + 20), giai dugce x = 60 km/h.
3 2

“Nhdn xét: Trong cdc cdich lam dé thi cdch thir nhit la ngin gon nhit.

C.MOT SO BAI TAP CO BAN




1.Cho 200g dung dich c6 ndng do mudi 12 10%. Phai pha thém vao dung dich d6 mot
luong nudce 1a bao nhiéu dé duoc dung dich c6 néng d6 mudi 1a 8%.

2.C6 hai voi nudc, voi 1 chay day bé trong 1,5 gi0, voi 2 chay day bé trong 2 gio.
Nguoi ta da cho voi 1 chay trong mot thoi gian, 61 khoa lai va cho voi 2 chay tiép,
tong cong trong 1,8 gio thi day bé. Hoi moi voi da chay trong bao Iau’?

3. Tong céc chir s6 hang chuc va hai lan chit s6 hang don vi cua mot so c6 hai chir s6
bang 18. Néu ddi chd hai chir s6 cho nhau thi duoc s6 méi 16n hon sé ban dau 1a 54.
Tim s6 ban dau.

4. Mot dam dat hinh chit nhat c¢6 chu vi 124m. Néu ting chiéu dai 5m va chiéu rong
3m thi dién tich ting thém 225m?. Tinh kich thudc cua hinh chir nhat do.

5.Mot ctra hang trong ngay ban dugc mot sO xe dap va xe may. Biét rang sd xe dap
ban duoc nhiéu hon s6 xe may 1a 5 chlec va tong binh phuong ciia hai s6 nay 1a 97.
Hoi ctra hang ban dugc bao nhiéu xe mdi loai.

6.Dan sb hién nay cia mot dia phuong 1a 41618 ngudi. Cach day 2 nam dan sé cia dia
phuong d6 13 40000 ngudi. Hoi trung binh mdi ndm dan sb dia phuong d6 tang bao
nhiéu phan tram.

§8.CHUNG MINH TU GIAC NOI TIEP

A.KIEN THUC CO BAN
Phwong phdp chirng minh
-Chtrng minh bon dinh cua tt gidc cing cach déu mot diém.
-Chtng minh tir gidc c6 hai goc d6i dién bu nhau.
-Chtrng minh hai dinh ciing nhin doan thang tao béi hai diém con lai hai goc
bang nhau.
-Chirng minh tong clia goc ngoai tai mot dinh véi goc trong dbi dién bu nhau.
-Néu MA.MB = MC.MD hoic NA.ND = NC.NB thi ti giac ABCD not tiép.
(Trongdo M =AB N CD; N=AD N BC)
-Néu PA.PC = PB.PD thi ti giac ABCD noi tiép. (Trong d6 P = AC " BD)
-Chtrng minh tr giac do6 1a hinh thang céan; hinh chit nhat; hinh vuong; ...
Néu cin chirng minh cho nhiéu diém cing thuéc mét dwong tron ta cé thé chirng
minh lan lot 4 diém mét lic. Song can chii ¥ tinh chit “Qua 3 diém khong thing
hang xdc dinh duy nhit mét dwong tron”

B.MOT SO Vi DU
VD1.Cho nua duong tron (O) duong kinh AB, trén do6 c6 diém M. Trén duong kinh
AB lay diém C sao cho AC < CB. K¢ hai tlep tuyén Ax va By tai A va B vai (O).
Duong thang qua M vudng goéc voi MC cat Ax & P, duong thang qua C vudng goc voi
CP cit By tai Q. Goi D 1a giao diém ctua CQ va BM. Chimg minh:

a) Céc tr giac ACMP, CDME noi tiép.

b) AB//DE.




¢) Ba diém P, M, Q thiang hang.
VD2.Cho tam gidc ABC noi tiép duong tron duong kinh AA’, duong cao AM.

a) Hai dudng cao BN, CP cit nhau tai H va PN cat AA’ tai S. Chting minh céc
tir giac BPNC va A’SNC ndi tiép.

b) Chung minh PN vudng goc voi AA’.

C.MOT SO BAI TAP CO BAN
1.Cho (O; R) va day cung AB ( AB <2R). Trén tia AB liy diém C sao cho AC > AB.
Tir C ké hai tiép tuyén véi dudng tron tai P va K. Goi I la trung diém ctia AB.

a) Chung minh tir giac CPIK ndi tiép.

b) Chting minh hai tam giac ACP va PCB dong dang.

T @6 suy ra CP? = CB.CA.

¢) Goi H la truc tam cua tam giac CPK, tinh PH theo R.

d) Gia sit PA/CK, ching minh tia d6i cta tia BK 1a tia phan giac ctua goc CBP.
2.Cho tam gidc ABC cén tai A, mot cung tron phia trong tam giéc tiép xuc véi AB,
AC tai B va C. Tir diém D trén cung BC ké cac duong vudng goc DE véi BC, DF voi
AC va DG vé6i AB. Goi M 14 giao diém ctia BD va GE, N 1a giao diém ctia EF va DC.
Chtng minh:

a) Céc tir giac BEDG va CEDF noi tiép.

b) DE2 = DF.DG

¢) Ti giac EMDN ndi tiép, suy ra MN vudng goc véi DE.

d) Néu GB = GE thi EF =EC.
3.Tur diém M trén dudng tron ngoai tiép tam giac ABC, ta ké cac duong vudng goc ha
xuéng ba canh cua tam giac MH L AB; MI L. BC; MK L AC. Chang minh:

a) Ba tr giac AHMK, HBIM, ICKM noi tiép.

b) Ba diém H, I, K nam trén mot duong thang (dudng thang Simson).

§9.HAM SO - PO THI

A.KIEN THUC CO BAN
1. Tinh chit ciia ham sé bdc nhity = ax + b (a #0)
-Dong bién khi a > 0; nghich bién khi a < 0.
-D6 thi 1a duong thang nén khi vé chi cém xac dinh hai diém thudc d6 thi.
+Trong trudng hop b = 0, d6 thi ham so luén di qua gdc toa do.
+Tr0ng tru’O’ng hop b # 0, d6 thi ham s6 ludn cat truc tung tai diém b.
-D6 thi ham sb ludn tao véi truc hoanh mot goc o, Matgo=a.
D6 thi ham s6 di qua diém A(xa; Ya) khi va chi khi ya = axa + b.
2.Vi tri ciia hai dwong thing trén mdt phdng toa dj
Xét hai dudng thang: (di): y = aix + by ; (d2): y = axx + by v&i ay # 0; a # 0.
-Hai duong thang song song khi a; = a, va by # b,.



-Hai duong thang tring nhau khi a; = a, va b; = b,.
-Hai duong thang cit nhau khi a; # ay.
+Néu by = b, thi chung cét nhau tai by trén truc tung.
+Néu a1.a; = -1 thi chiing vudng gbc voi nhau.
3.Tinh chit ciia ham sé bic hai y = ax? (a #0)
-Néu a > 0 thi ham sb nghich bién khi x < 0, d6ng bién khi x > 0.
Néu a < 0 thi ham s6 dong bién khi x < 0, nghich bién khi x > 0.
-D6 thi ham sb 1a mot Parabol ludn di qua gdc toa do:
+) Neu a > 0 thi parabol c6 dlem thap nhat la goc toa do.
+) Néu a< 0 thi Parabol c6 diém cao nhit 1 gdc toa do.
-Dd thi ham sb di qua diém A(xa; Ya) khi va chi khi ya = ax2.
4.Vj tri ciia dwong thang va parabol
-Xét duong thang x = m va parabol y = ax:
+) ludn c6 giao diém co toa do 1a (m; am?).
-Xét duong thang y =m va parabol y = ax?:
+) Néu m = 0 thi ¢6 1 giao diém 1a gbc toa do.

A < . -2 . \ A 1x m
+) Néu am > 0 thi c6 hai giao diém c6 hoanh d¢ lax =+, /—
a

+) Néu am < 0 thi khong c6 giao diém.
-Xét duong thang y = mx + n (m # 0) va parabol y = ax?:
+) Hoanh d6 giao diém ctia ching 13 nghiém ctia phuong trinh
hoanh do ax? = mx + n.

B.MOT SO Vi DU
VD1.Cho (P): y = x?

1. Vé (P) trén hé truc Oxy.

2. Trén (P) lay hai diém A va B ¢6 hoanh d¢ lan luot 1a 1 va 3. Hay viét phuong
trinh duong thang di qua A va B.

3. Lap phuong trinh dudng trung truc (d) cia AB.

4. Tim toa d6 giao diém cua (d) va (P).

5.Tinh dién tich tt gidc c6 cac dinh 13 A, B va cac diém 1; 3 trén truc hoanh.

VD2.Trong cing mot hé truc toa do, goi (P), (d) 1an luot 1a db thi cta cac ham sb
2

X
y 4

a) V& (P) va (d).
b) Dung d6 thi dé giai phuong trinh x* +4x +4 =0 va kiém tra lai bang phép

toan.
X2

Phuong trinh d3 cho < X 1. Nhan thay d6 thi caa hai ham sb vira vé 1a

. X2
dd thi cta y=—7 vay=Xx+1.



Ma db thi hai ham s do tiép xtic nhau tai A nén phuong trinh c¢6 nghiém kép 1a
hoanh dd cta diém A.

¢) Viét phuong trinh dudng thang (d;) song song voi (d) va cat (P) tai diém co
tung do 14 - 4. Tim giao diém con lai cua (d;) voi (P).

VD3.Cho (P): y = %xz va duong thing (d) di qua hai diém A, B trén (P) c6 hoanh do

lan luot 1a — 2 va 4.

a) Khao sat su bién thién va v& do thi ham sé (P).

b) Viét phuong trinh duong thang (d).

¢) Tim M trén cung AB cua (P) twong ing véi hoanh d x chay trong khoang tir
- 2 dén 4 sao cho tam giac MAB c6 dién tich 10n nhét.

Do day AB khong doi nén dé dién tich 16n nhat thi duong cao MH 16n nhét.
MH 16n nhat khi 1a khoang cach tir AB dén dudng thang (d)//AB va tiép xtc véi (P).

Tim duoc toa do cua M |1, L
)

C.MOT SO BAI TAP CO BAN

1.Cho (P): y = ax?

a) Xac dinh a dé d6 thi ham s6 di qua A(1; 1). Ham sé nay dong bién, nghich
bién khi nao.

b) Goi (d) 12 dudng thang di qua A va cit truc Ox tai diém M c6 hoanh d6 m (
m # 1). Viét phuong trinh (d) va tim m dé (d) va (P) chi c6 mdt diém chung.

2.Trong mit phang toa do Oxy cho diém A (-2; 2) va duong thang (d;):
y =-2(x+1)

a) Giai thich vi sao A nam trén (d,).

b) Tim a trong ham s y = ax? c6 do thi 1a (P) qua A.

¢) Viét phuong trinh duong thang (d2) qua A va vudng goc véi (ds).

d) Goi A, B 1a giao diém cua (P) va (dz); C 1a giao diém cua (d) véi truc tung.
Tim toa d6 cta B va C. Tinh dién tich cta tam giac ABC.
3.Cho (P): y = x?va (d): y = 2x + m. Tim m dé (P) va (d):

a) Cat nhau tai hai diém phan biét.

b) Tiép xtic nhau.

¢) Khong giao nhau.
4.Trong hé truc toa d6 Oxy goi (P) 1a d6 thi cia ham sb y =X2.

a) V€ (P).

b) Goi A, B 1a hai diém thudc (P) c6 hoanh d6 1an luot 1a — 1 va 2. Viét phuong
trinh duong thang AB.

¢) Viét phuong trinh dudng thang (d) song song véi AB va tiép xuc véi (P).



5.Cho hai dudng thing (d1) va (d2) c6 phuong trinh 1an luot Ia:;
y=(Mm-2)x+4vay=mx+m+2,

a) Tim m dé (d1) di qua diém A(1; 5). V& dd thi hai ham sé trén v6i m vira tim
duoc.

b) Chung to rang (d;) ludn di qua diém ¢ dinh v6i m # 2.

¢) Véi gia tri nao cua m thi (d1) //(d2); (d1) L (do).

d) Tinh dién tich phan gi6i han boi hai dudng thang (d1), (d2) va truc hoanh
trong truong hop (di) L (dy).

PHAN BAI LUYEN GIAI CO BAN
LBIEN DOI CAN THUC

Bai 1. Tim di€u kién xac dinh cua cac biéu thirc sau

1
a) 2=5x b) 6x -3 q 2x -1
J1-x C)&—\/l—x ) X + 2

Bai 2. Thuc hién phép tinh, rit gon biéu thirc

a) 2\18+38-3/32-50 b) (WAg+3d7-214): B
c) 3/8-al8+2y50 d)5d2+2¢5-54¢8

R NI s

S hy_ 33
2B +32 2 +\B++6

Bai 3. Giai cac phuong trinh, bat phuong trinh sau

a)1+2x =10 b)(7+x)(8-Vx )=x+11 ©) 2+443++x =3
d)V16x> =3x+7 €)3/3+5x =72 f)\/2+z/2+dz_xz4

1LHE PHUONG TRINH




Bai 1. Giai cac hé phuong trinh sau [ x y
(3x + 5y =3 [2x + 3y =-2 [Bu+v=8 =1-
HLSX 2y =1 2'<L3x 2y =-3 3'<L7u 2v =23 ols s
+2y = -2y =— —2V =
Y Y {Zx r5y 10
1.1 4 -1
5.(X—6)/=17 6.f40x+3y:10 7_J3x+4y—2:0 8{ a b5b 0=0
15X +y=23 20x — 7y =5 — + =0
[5x-y=11 5 3 3

{6(x+y)=8+2x—3y ~2(2x+1)+1,5=3(y-2)-

9. 10.

5(y—x)=5+3x+2y {1%,52—4(3—%)=2y—(5—x)
2

2 + =

10 (1) ~(x+2) =9y 124;
[(y-3) —(y+2) =5x

X=2+2 X+Yy=
14. 2+3z 15. ¥+z
—3x -3y =-— + X

yo1 geayss

'L_ 1 L

w<

—

XxX-2 y-1
X+y+z2=12

2X — 3y+z 12
X+y—-2z2=-9

—_

=3
=6 16.
=1
L L
Bai 2. Vi gia tri ndo cta tham s6 m thi

X+y=m+2 mx-2y=1
X+y cdnghiém nguyén. b) [ y vO nghiém.

a)
i3x+5y:2m 3X+y=3
11, PHUONG TRINH BAC HAI MOT AN

Bai 1. Giai cac phuong trinh sau
a) x2+12x=0 b)5x*-10x=0 c)3x°-12=0 d)~/3x*-1=0
&)X +5x+4=0 f)3x*—7x+3=0 @)5x*+31x+26=0
h) x?—15x —~16=0 i)19x’—23x+4=0 k) 2x*+58x+11 =0

y Y o+ 3 1 )9x+12 1 1
y'-9 6y+2y° y -3y x*—-64 X +4x+16 X —4
1 27
N)3x —x+14=2  p)(x* +x+1)(x* +x+12)=12 q)xz+%+x+_:7
X

Bai 2. Cho phuong trinh x? JS(SX + 4 = 0. Khong giai phuong trinh hay tinh:
) XX +xx? b)) t+x, c)(x +2x )(2x +x) d)(x V1o )
1 2 1 2 1 + ”_ +X

1 2 12 2|

X, X Y T



Bai 3. Gid st x3, Xz 1a hai nghiém cua phuong trinh 2x% — 7x — 3 = 0. Hiy 1ap phuong

trinh c6 nghiém la: 11 "

a)3x;3x b)) ;T oxxTxx  d) ;T e) TP f)x +2X;2X+X
1 2 1 2 1 2 X X X X 1 2 1

Xl X2 1 2 2 1

2
Bai 4. Cho phuong trinh x* + (m + 2)x + 2m = 0.

a) Giai va bién luan s nghiém cua phuong trinh.

b) Phuong trinh ¢c6 mét nghiém x = 3. Tim m va nghiém con lai.

¢) Tim m dé KXy
X2 Xl
d) Tim m dé (2x, +X,)(X, +2x,)>0.
e) Tim biéu thirc lién hé gitta x; VA X, ma khong phu thudc vao m.
f) Tim m dé phuong trinh c¢6 hai nghiém déi nhau.
g) Tim m dé phuong trinh c6 hai nghiém cing dau. C6 nhan xét gi vé hai

nghiém do.

1IV.HAM SO

Bai 1. Cho ham sd y = (a— 3)x + b (d). Tim cac gia tri ciia a, b sao cho dudng thiang
(d):

a) Di qua hai diém A(1; 2) va B(-3; 4).

b) Cit truc tung tai diém 1— J2 va cét truc hoanh tai diém 1+ J2.

¢) Cit hai duong thang 2y —4x +5=10;y = X — 3 tai mot diém va song song voi
duong thang y = -2x + 1.

d) Bi qua diém C (1; -3) va vudng goc voi duong thang y = x + 2.

e) Tinh dién tich phan giéi han bai hai duong thang ¢ cau d va tryc tung.
Bai 2. Cho hai ham sd y = x% (P); y = x + 2m — 1 (d).

a) V& do thi hai ham sé trén ciing hé truc toa d6 khi (d) di qua diém A(1; 1).

b) Tim m dé (d) cat (P) tai hai diém.

¢) Tim m dé (d1): y = 2x — 1 cat (d) va (P) tai cing mot diém.

d) Chimg minh rang (dy): y = -X + m? ludn cit (P) tai hai diém v6i moi m.



V.GIAI TOAN BANG CACH LAP PHUONG TRINH. HE PHUONG TRINH

1.Céach day 18 nam, hai nguoi tudi gip d6i nhau. Nhung néu trong 9 nim nita thi tudi
cua nguoi thir nhat bang 4 tudi cia ngudi th hai. Tinh tudi cia mdi nguoi hién tai.

2;Mcf)t 0t0 du dinh di tr A dén B trong mot thoi gian nhét dinh. Néu xe chay vdi van
toc 35 km/h thi dén cham mat 2 gio. Néu xe chay voi van toc 50 km/h thi dén sém hon
1 gi6. Tinh quang duong AB va thoi gian dy dinh luc dau

3.Tim hai 0 biét rang bon 1an s6 tht hai v6i nam lan s6 thi nhat bang 18040 va ba lan
s6 thir nhat hon hai 1an s6 thir hai la 2002, o

4. Hai thling nudc cd dung tich tong cong 1a 175 lit. Mot lufng nudc do day thung thir
nhét va . thiing thtr hai thi ciing d6 day thung tht hai va . thing thir nhét. Tinh dung
tich mdi thung.

5. “Co gai lang bén di lay chong. Ho hang keo dén that 1a dong. Nam ngudi mot co
thtra ba 0. Ba nguoi mot ¢o chin nguoi khong.” Hoi ¢6 bao nhiéu nguoi, bao nhiéu
cO.

6.Hai voi nudc cung chay vao mot bé khong thi sau 6 gio sé day bé. Néu voi thir nhat

chay trong 2 gio, voi thir hai chay trong 3 gio thi dwoc — & Hoi mdi voi chay mot

minh thi trong bao 1au s& day be.

7.Mo6t phong hop c6 120 chd ngdi, nhung sé ngudi dén hop 1a 165 ngudi. Do d6 ngudi
ta phai ké thém 3 diy ghé va mdi diy ghé phai thém 1 ngudi ngdi. Hoi phong hop luc
dau c6 bao nhiéu diy ghé, biét rang phong hop c6 khong quéa 20 diy ghé ?

8.Mot tau thuy di trén mot khiic song dai 100 km. Ca di va vé hét 10gio 25 phut. Tinh
van tbc cla tau thuy, biét van toc cua dong nudce la 4 km/h.

9.Canh huyén ctia mot tam giac vudng 1a 10m. Hai canh goc vudéng hon kém nhau 2m.
Tinh d6 dai cac canh goc vudng cua tam giac.

VONG 2: (12 TIET)
NHUNG CHUYEN PE CHUYEN SAU




CHUYEN PE 1: CUC TRI PAI SO
A.KIEN THUC CO BAN

1.Dinh nghia
Tim gia tri 16n nhat (max) hay gid tri nhé nhat (min) cta biéu thtc 13 x4c dinh
gia tri clia bién dé biéu thirc d6 dat gia tri 16n nhat hay nho nhat.
-Gi4 tri 16n nhét cta biéu thirc A: maxA.
Dé tim maxA can chi ra A <M, trong d6 M 1a hiang sd. Khi d6 maxA = M.
-Gi4 tri nhé nhét cta biéu thirc A: minA.
Pé tim minA can chira A > m, trong d6 m 1 hang s6. Khi d6 minA = m.

2.Cdc dang toan thwong gap

2.1. Biéu thirc A c6 dang da thirc bac chin (thuong 13 bac hai):

Néu A = B? + m (da thirc 1 bién), A = B2 + C? + m (da thirc hai bién), ... thi A
c6 gia tri nho nhat minA = m.

Néu A = - B2+ M (da thirc 1 bién), A = - B2 — C2+ M (da thirc hai bién), ... thi
A ¢6 gia trj 16n nhit maxA = M.

2.2. Biéu thirc A c6 dang phan thirc:

m \ p
2 2.1. Phan thiec A =—, trong d6 m 1a hang s0, B 1a da thuec.
B

-Néu mB > 0 thi A 16n nhat khi B nh6 nhat; A nhé nhat khi B 16n nhat.

-Néu mB < 0 (giad st m < 0) thi A 16n nhat khi B 16n nhat; A nho nhat khi B nhé
nhat.

2.2.2. Phan thiac A = B_, trong d6 B c6 bac cao hon hoac bﬁng bac cuaC.

C
Khi d6 ta dl‘ngphu’O’ng phap tach ra gia tri nguyén dé tach thanh

m .,
A=n +E yA=n +E trong d6 m, n 1a hing s6; D 1a da thirc c6 bac nhé hon bac C.

2.2.3. Phan thuc A = B_, trong do6 C co6 bac cao hon bac cuaB.
C

5 % P S |
lai.

2.3. Biéu thitc A c¢6 chitra dau gia tri tuyét d6i, chta can thic bac hai:
-Chia khoang gia tri dé xét.

-Dit an phu dua vé bac hai.

-Str dung céc tinh chat cia gia tri tyét doi:

al+ b4+ bl d |-|b|>[a]-b| Va,b.Déu“="xayrakhiab>0.



-Str dung mot s6 bat dang thic quen thudc.
Bit dang thirc Cosiza,a,..a 20=_(a +a+..+a)2 o o
g 1 2 - ( ) 1 132...31,1

n 1 2 n
n
“:97

xay rakhia; =a;=...= an. ,
Bat dang thirc Bu-nhi-a-cop-ski: Va,,a,,...,a,;b;,b, ,...,.b,

dau

A 2 A €9 2
co(a12+a22+...+an2)(bf+b22+...+bn2)2(ap1+ap2+...+a b, )" dau “="xay ra

Khi 82 ==
b, b, b,
B.MOT SO Vi DU
Tim gid tri I6n nhit, nhé nhit néu cé cia cdc biéu thirc sau

A=-x° —33x +3;  B=2x"+2y+Yy’ —2x+2xy +2007
X
C=—  D=—— (vx>1
AX* — AX+ T x—1( x>1)
E=x-1+x-3; F=[2x —1\2 —32x-1+2
G=x+v2-X; H=+l-x+1+x

Giai

*A:—\rx2+2.x.3 (3\2W+3+{3J :—{x+§\2+21£21 VX
I 2 \2)| \2 2) 4 4

) 3
Dau “=" xayra < X = _E
Vay maxA =E Khi x = - ?l

4 2

. B:(x2 +2XY + Y + 2y +2X +1)+(x2 —4x+4)+ 2002
(

X+y+1) +(x—2)" +2002>2002 Vx,y

AU “=" X4 i 4X 1=0 X=2
Dau “=" xay ra khi {X + %;ro @{[y 5
[ \

Vay minB =2002 khix=2vay=-3.

xCo— 3 m (2x-1)°+6>6 VX=C=

(2x-1)" +6

VX

1
2

ol w

1
Dau “=” xdy ra khi X = ,
1 1
Vay maxC = ghj X=
2 2



x> —1+1 1 1

*D= =X+1+ —=X-1+—+2
x-1 xl—l x-1
Dox>1nén x-1>0. —— >0 theo Bdt Cosi c6
1 1>2x1)'2(ﬁ'1\'2 2
X -1+ > — = =
x -1 x-1) .
— D>4. Dau “=" xay ra khi x—-1+ =2 Xx-1= =l x=2.
x-1 x -1
Vay minD =4 khi x = 2.
*
X 1 3
X-1 - 0 + +
X-3 - - 0 +
Khix<1l:E=1-x+3-x=4-2x>4-21=2.
Khil<x<3:E=x-1+3-x=2.
Khix>3:E=x-1+x-3=2x-4>23-4=2.
Vay minE = 2 khi 1<x < 3.
( 2 1.1
*Patt=Px -1k 0 khido F=t2—3t+2=kt—§j —_z-_ Wt
2 4 4
[ 75
3 X=_
Diu“="xayrakhi t="< 2y _1 =3 1=+3 4
y 5 2X 1‘ 2<:>2x 1 _2<:>’| 1
X ==
(-

: 1 5 1
Vay minF = —_ |hi X=_ hoic X= —.

* DPKXD: VX <2
Ditt=V2 x>0=>t?=2-x=>x=2-1

2
G:2—t2+t=—(t—1j I
' 2) 13
, 1 1 7
DAu “=> khi va chi khi t:E:wZ—X:E:X:Z

Vay maxG = 0




khix=7



*PKXD: -1<x<1
H=VI— X+t x = H? =2+ 21— X2
CO 0<V1-x2<1=0<2 - x? <2

— 2<H?’<4=+2<H<4

Daflu “=” thr nhat xay ra khi va chi khi x = 1.
Dau “=" thr hai xay ra khi va chi khi x = 0.
Vay minA = /2 khi x = 1; maxA = 4 khi x = 0.

CHUYEN PE 2:
SU TUONG GIAO GIUA CAC PO THI TREN MAT PHANG TOA PQ

Treic hOt ta cCn nhi I%i nh+ng ki0On thac c- bfn vO sii t=-ng giao ciia hai ®=éng th¥ng:
Cho (C) Ip ®& thb cfia hum sé y=f(x) v mét ®i0m A(xa.y,) ta sl ca:
Ac(C) = Y, =f(X,); Ag(C) < Y = f(X,)

Muén txm t01(®é ®i0m chung cfia ®& thp hum sé y=f(x) vu y=g(x) ta t‘m nghi0m cfia h0
y=f(x)

phe-ng trxnh:
Ty=g(><)

Vx vEy hopnh ®¢é giao ®i0m chung cfia hai ®a thp chinh Ip nghb®m cfia h0 phe-ng trxnh
tren.
Ta cfing cCn nhi 1% vb trf te-ng @&i cfia hai ®+éng th¥ng:
cho ®=éng th¥ng y=ax+b (a=0) (D) va y=ax+b(@=0) (D)phe-ng trxnh hounh @é
giao ®i0m chung ciia (D) vy (D) I:(a—a)x=b—b'(1)

- (D) /I (D) < phe-ng trnh (1) nghiOm < a=avu b= b

- (D) tring (D) < phe-ng trxnh(1) cé v« sé nghi®m < a=a vy b= b

- (D) c%t (D) < phe-ng trxnh(1) c& mét nghiOm <a =a
Dingl:Tm tot ®¢é giao ®iOm cfia hai ®=&ng thing.
VY d61: cho hai hum sé y=x+3 (d) vt hpum sé y=2x+1 (d")
a) V1 ®a thp hai hum sé trén crng mét h0 troc to @¢é.
b)Txm to* ®¢é giao ®i0m nOu c& cfia hai @& the.

Gifi:

a) vI ®a thp hai hum sé



b)Hopnh ®é giao ®iOm I nghiOm ciiaphe—ng trxnh:x+3=2x+1<Xx=2suy ray=5
VY d62: Cho 3 ®=éng th¥ng ICn l=Tt c& phe-ng trxnh:
(D,) y=x+1; (D,) y=-x+3 ; (D3) y=(m?-1)x+m?3-5 (vii m = +1)
X, c ®nh m @0 3 ®=éng th¥ing (D,) ,(D,), (D;) ®ang quy.
Gifi:
Hopnh ®é giao ®iOm B cfia (D,) ,(D,) |L:-X+3=x+1<x=1thay vjo y=x+1suy ray=2 ®0
3 ®=éng th¥ng ®ang quy thx (D5)ph{l ®i qua ®iI0m B n2n ta thay x=1;y=2 vuo phe-ng
trxnh (D,) ta cd: 2=(m?-1)1+m?-5.< m?=4 & m=2;m=-2.
VEy vii m=2;m=-2thx 3 ®=éng th¥ng (D,) ,(D,), (D;) ®ang quy.

Ta cCn nhi 1% hopunh ®é ®iOm chung cha (D)vu (P) lu nghiOm ciia ph-—-ng trxnh
f(x)=g(x) (2).phe-ng trnh(2) Iy phe-ng trxnh bEc hai.Ta thEy:

(D) vy (P) kh«ng c& ®iOm chung < phe-ng trxnh(2) v« nghiOm< A <0

D) ti0p xdc (P) < phe-ng trxnh(2) cd mét nghiOm< A =0

D) c%t (P) tti hai ®Om < phe—ng trxnh(2) ci hai nghiOm < A> 0

Sau ®Cy I mét sé bi to_n vO st bidn luEn gi+a ®=€ng th¥ing vy parabol.

Ding 1: Bpi to,n chgng minh

C/minh mng:§+éng th¥ng (D):y=4x-3 tiOp xdc vii parabol (P): y=2x2-4(2m-1)x+8m?-
3

Gifi:

Hounh ®é giao ®iOm chung cfia (D) v (P) Iy nghidm cfia phe-ng trnh:
2X%%-4(2m-1)X+8m?3-3=4x-3 < 2x2-8mx+8m?=0 < x>+4mx+4m?=0

Ta ci: A=16m’>—16m?=0 Vii mai gi, trb cfia m n2n §eéng th¥ing (D):y=4x-3 ti0p x6c
vii parabol (P):y=2x2-4(2m-1)x+8m?3-3

Ding 2: Bi to,n txm ®iOu kiOn

VY d6:Chgng minh r»ng ®=&ng th¥ng (D):y=x+2m v parabol(P):y=-x?-x+3m
a)Vii gi, trb npo cfia m thx(D) tiOp xoc vii parabol(P).

b) Vii gi, tr npo ciia m thx(D) c%t parabol(P)tti hai ®Om phCn bidt A v B.txm to® ®é
giao ®iOm A v B khi m=3

Gifi:

a)Hopnh ®¢é giao ®iOm chung cfia (D) v (P) I nghiOm cfia phe—ng trxnh:
-X2-X+3M=X+2mM< -x2-2x+m=0

§eéng th'ing (D) tiOp xo6c vii parabol (P) < phe—ng trxnh (3) ci nghiOm kDp
& A=0< 4+4m=0 < m=-1.

b) §«éng th¥ng (D) c¥t parabol (P) < phe—ng trxnh (3) ¢4 2 nghiOm ph©n biOt
& A> 0 4+4m>0 < m>-1.

Khi m=3 thx hopnh ®¢ giao ®iOm cfia (D) v (P) Iy nghiOm cfia phe-ng trinh
-X2-2x+3=0< x=1 hoZ&c x=3

To®asuyrato!®egiao ®iOm A, B cfia (D) v (P) I:A(1;7) B(3;9).

Ding 3: LEp phe—ng trxnh tiOp tuyOn

VY do:Cho ®=éng th¥ing (D):y=ax+b txm a vy b bilt:



a) ®-éng2th1/4ng (D) song song vii ®=éng th¥ing 2y+4x=5 v ti0p xoc vii parabol
(P):y=-x
b)§-éngzth1/4ng (D) vu«ng gac vii ®=éng thiing x-2y+1=0 vy tilp xdc vii parabol
(P):y=-x
c) ®=éng th¥ng (D) tiOp xdc vii parabol(P):y=x3-3x+2 t%i ®i0m C(3;2)
Gifi:
a)Ta ca: 2y+4x=5 < y=-2x+5/2 n?n phe-ng trxnh ®@=éng thng (D) ca dng:
y=-2x+b (b= 5) theo ¢, ch txm ciia d*ng 2 ta txm ®+ic b= 1
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VEy phe-ng trinh ®=éng th¥ing (D) lp:y=-2x+1/4
b)Ta cd: x-2y+1=0 < y=1/2x+1/2.§+€éng th¥ang (D) vu«ng gac vii ®+&ng th¥ng ca
phe-ng trnh:x-2y+1=0 < a.1/2=-1 < a=-2 suy ra (D):y=-2x+b
Theo c,ch lum ciia ding 2,ta trm ®=Tc b=1.VEy phe-ng trinh ®=éng th¥ing (D) ca
phe-ng trnh I y=-2x+1
c)Tacéd:C(3;2)e (D) < 2=3a+b < b=2-3a
Theo c,ch lum cfia ding 2 ta ttm ®=Tc a=3 vy suy ra b=-7 VEy phe-ng trxnh ®=éng
th'ang (D) ca phe—ng trxnh lp:y=3x-7
Ding 4:X_c ®Pnh to! ®é tiOp ®iOm.
VY do6:Cho parabol (P):y=x2-2x-3
Txm c,c ®i0m tran (P) my tiOp tuyOn cfia (P) ti ®Om @4 song song vii @/th¥ng (D):y=-
4X.
Gifi:
Géi ®=eng th¥ing ti0p xdc vii (P) Iu (d).
Do (d) song song vii (D) n®n d ¢ ding:y=-4x+b (b= 0).Hopnh ®& ®iOm chung cfia (p)
vil (d) Iu nghiOm ciia phe-ng trinh: x?-2x-3=-4x+b < x?+2x-3+b=0 (2)
Ta thEy: (d) ti0p x6c vii (P) < phe-ng trxnh (2) ca nghiOm kbp
& A=0<4+b=0<=b=-4
Khi @& nOu ®i0m A(X,;Y,) I tilp ®i0m cfia (P) v (d) thx(do Ae (p); A< (d)n®n ta ca h0
ph-ﬂng trnh;

y =X —2x =3 [%=-1

0 0 o

iyo:_4xo_4 iyo:o
Ding5:X,c®pPnh parabol.
VY do:X_c ®nh parabol (P):y=ax?+bx+c tho] m-n:
a) (P) tiOp xdc vii ®@=éng th¥ng (D) :y=-5x+15 va di qua hai diém (0 ; -1) va (4 ; -5).
b) (P) cat tryc tung tai diém co6 tung do bang 2 va cat duong thang (D) : y =x - | tai
hai diém c6 hoanh d6 1a 1 va 3.
Giai : a) (P) di qua hai diém (0 ; -1) va (4 ; -5)

-1=c c=-1

&

-9=16a+4b+c b=-1-4a
Do d6 parabol (P) 1a d6 thi cia ham s6 y = ax? - (1 + 4a)x - 1.
Hoanh d¢ diém chung ctia (D) va (P) 14 nghiém phuong trinh :
ax?- (1 +4a)x-1=-5x+15<=>ax?>-4(a-1)x-16 =0 (5)
Puong thang (D) tiép xtc véi parabol (P) <=> Phuong trinh (5) ¢6 nghiém kép



<=>A"=0<=>4(a-1)2-16a=0<=>(a+1)2=0<=>a=-1.
Dodb6:a=-1;b=3vac=-1.
Vay (P) 1a @6 thi ham s6 y = -x2 + 3x - 1.
b) Parabol (P) cit truc tung tai diém c6 tung d6 bang 2 nén (P) di qua diém (0 ; 2). (P)
cit duong thang (D) : y =x - 1 tai hai diém c6 hoanh d6 13 1 va 3 <=> Giao diém cia
(P) v6i duong thang (D) 1a: (1;0) va (3 ; 2).
Vay parabol (P) di qua ba diém (0 ; 2) ; (1 ; 0) va (3 ; 2) khi va chi khi

2=C c=2 c=2

0=a+b+c < Ja+b=-2<Ja=1

2=9a+3b+c 3a+b=0 b=-3
Dodba=1;b=-3vac=2.
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