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PE CUONG ON TAP TOAN 8 CUOI NAM

Bai 1: Biéu dién cac da thirc sau duéi dang binh phuong ctua mot tong.
axXe+2x(y+1) +y*+2y+1
b.u?+v2+2u+2v+2u+1)(v+1)+2
Giai:
axP+2x(y+1) +y*+2y+1
=x*+2x(y + 1) + (y + 1)°
=(x+y+1)y
b.u?+Vv2+2u+2v+2u+1)(v+1)+2
=(U+2u+1)+(V2+2v+ 1) +2u+1)(v+1)
=(U+1)2+(Vv+1)?+2u+1)(v+1)
=(U+1+v+1)?
=(U+v+2)?
Bai 2: Pién don thirc thich hop vao cac dau *
a8+ *+*+ 27y = (*+%)3
D. 8X3 + 12X2y + * + * = (* + *)3
c.x3-*+*-*:(*-2y)3
Giai:
a 8X3+*+*+ 27y = (*+*)3
= (2x)° +* +* + (3y)°
< 8x3 + 3(2x)%.3y + 3(2x).(3y)? + (3y)? = (2x + 3y)?
< 8x3 + 36x%y + 54xy? + 27y = (2x + 3y)?
b. 83+ 12Xy + * + * = (* + *)3
= (2 +3(2x)°’y +3.2x ()’ +y° = (2x +y)°
< 8x3 + 12x%y + 6xy? + Y3 = (2x + y)®
C. X3-*4*_*=(*._2y)3
o x3-3x%.2y + 3x(2y)% - (2y)® = (x - 2y)3
o X3 - 6X%y + 12xy? - 8y° = (x - 2y)3
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Bai 3: Rut gon biéu thirc:
a.(a-b+c+d)a-b-c-d)
b. (X +2y+3z)(x -2y + 32)
C.(X-1)(X®-x-1)(x+1)(x*+x+1)
d. (x +y)*- (x-y)°
e. (x2+3x+1)2+ (3x + 1)?-2(x*+3x + 1)(3x - 1)
Giai:
a.(a-b+c+d)a-b-c-d)
= [@a-b)+(c+d)l[@a~b)-(c+d)
=(a-b)*- (c +d)y
=a?-2ab+b?-c?-2cd - d?
=a?+b%-c?-d?-2ab-2cd
b. (X +2y + 32)(x - 2y + 32)
[(x+32)+2y][(x+32)-2y]
= (X +22)* - (2y)?
= X%+ 6Xz + 922 - 4y?
C.(X-1)(X®-x-1)(x+1)(x*>+x+1)
=(x3-1)(x¥+1)=x°-1
d. (x+y)*- (x-y)°
= (x° + 3x%y + 3xy* + y°) - (X° - 3%y + 3xy? - ¥°)
=x3 4+ 3x%y + 3xy? + y3 - x3 4+ 3x%y - 3xy? + y3
= 6X%y + 2y° = 2y(3x* + y?)
e. (X2 +3x+1)2+(Bx+1)?-2(x*+3x+1)(3x-1)
= [(x2 +3x +1)(3x—1)]2
=(x2+3x+1-3x+1)> = (x*+2)?
Tiét 10:
Bai 4: Ching minh rang
a. (8% + b?) (xX* +y%) = (ay - bx)* + (- + by)?
b.(@+b+c)?+a+b*+c?=(a+hb)>+(b+c)’+(c+a)
C. (X +Y) +x*+y =20 + xy +y?)°



Giai:
a. (% + %) (x* +y?) = (ay - bx)* + (- + by)?
VP = (ay - bx)? + (- + by)?
= ay? - 2abxy + b?x? + a®x? + 2abxy + b?y?
= a2y? + a2 + b2x2 + hy?
= a(x* +y?) + b*(x* + y?)
= (@%+ b?) (x> +y?) = VT = ®pcm
b.(@a+b+c)>+a?+b?>+c>=(a+b)®+(b+c)+(c+a)
VP =(a+b)?+ (b +c)?+(c+a)
= a2+ 2ab + b? + b% + 2bc + ¢ + ¢? + 2ac + a2
=a + b? + ¢ + 2ab + 2ac + 2bc + a? + b? + ¢?
=(@a+b+c)+a?+b?+c?> =VT = ®pcm
C. (X +y) +x*+y =20 + xy +y?)°
VT =(x+y)*+x*+y*
= X% + 4x3y + 6X2y? + 4xy® + y* + x4+
= 2(x* + y* + x%y? + 2x3y + 2xy® + 2x%y?)
=2(x* +y? + xy)* = VP = ®pcm
Bai 5: Trong hai sd sau, s6 nao 16n hon.
a. A=163%+74.163 +37?ba B =147%-94. 147 + 472
b. C=(22+42+....+100% - (12+ 32+ ... +99%) va
c. D=3878-(21%+1)

2

2
d. E= XY vaH=2"Y y4ix>y>0
X+y X“+y

Gisi:
a. A = (163 + 37)2 = 2002 = 40000
B = (147 - 47) = 1002 = 10000

Vay A>B
b.C=(2%2-1%) + (42-3?) + ... + (1007 - 99?)
=3+7+..+199 = wzsoso

D=(3.7)%-(218-1)=1



VayD <C
C E= XY _(=nx+y) o xoyt o xPoyt
X+Yy (x+y)® X*+y?+2xy  x*+y?
(Vix>y>0)
Tiét 11:
Bai 6: Xac dinh cac hé s a, b sao cho da thirc sau viét duéi dang binh phuong

cua mot da thirc nao do.

a x*+23+3x2+ax+b b. x*+ax®+bx?-8x+1

Giai:

a. Gia thiét rang: x* + 2x3 + 3x2 + ax + b = (X2 + cx + d)?

Xét truong hop: x* + ¢2x2 + d? + 2cx3® + 2dx? + 2cdx
= x* + 2¢cx® + x?(c? + 2d) + 2cdx + d?
Str dung phuong phap dong nhat hé sé ta co:

2c=2
c’+2d=3
2cd =a
b=d?

1
1
=
2
1

T o o o
I

Xét truong hop x* + 2x3 + 3x2 + ax + b = (- X% + ¢x + d)?

Taduoc:a=2;b=1;c=d=1

Vayx*+ 23+ 2x+ 1= (X2 + x + 1) = (- X2 - X - 1)?
Bai 7: Tim gia tri 16n nhét cua da thuc:

a. C=5-8x-x?
b. D=-3x(x+3)-7
Giai:

a. C=5-8x-x?=-x2-8x-16+16+5
=-(x2+8x+16)+21=-(x+4)>+21
Vi(x+4)?>0 vX = -(X+4)? <0vx
Do d6: - (x +4)?+21 <21
Vay gia tri [én nhat cta C 121 khix+4=0 = x=-4
b. D =-3x(X+3)-7=-3x?-9x-7



= - 3(x2 + 2x. §+9—9) -7
2 4 4

3Y 3Y
Vi (x+§] 20Vx:>—3[x+§j < 0Vx

Do d6: -3 x+§ —ES—E
2 4 4

3 3

Vay gia tri 16n nhit ca D 1a _% khi x+2 =0 x=->

Bai 8: Tim gia tri nho nhat cia da thuc.
a. A=x?+5x+8

b. B=X(x-6)
Gidi;: A=x2+5x+8 = x2+2.x 2+2 2 3
2 4 4
“(x03) 43
= X+=| +—
2 4
2 2
Vi [x+2] >ovx nén [x+2) + 157
2 2 4 4
A TR ORI T . 5 5
Vay A c6 gid tri nhé nhat 1a " khi X+§:O:>X:_§

b. B = X(X -6) =x%-6X
=X?+6Xx+9-9=(x-3)*-9
Vi (x - 3)? >6vx nén (x - 2)>-9 >-9
Vay B c6 gia tri nhé nhat 1a - 9 khix-3=0 = x =3

Chu dé 5: Phan tich da thic thanh nhan tu.
A. Muc tiéu:
- On tép cho hoc sinh tinh chat phan phdi ctia phép nhan dbi véi phép cong:
a(lb+c)=ab+ac



- On tap cho hoc sinh nam vitng cac phuong phap phan tich da thirc thanh nhan tu.
+ DPat nhan tu chung
+ Dung céac hang dang thirc dang nhd.
+ Nhom céc hang tu
+ Phéi hop nhiéu phuong phap.
Ngoai ra cho hoc sinh 1am quen v&i nhiéu phuong phap khac nhu:

+ Tach mot hang tu thanh nhiéu hang tu
+ Thém bt cuing mdt hang tu thich hop.
+ Phuong phép dit bién phu.
B. Thoi lwong: 3 tiét (tiét 12, 13, 14)
C. Thuc hién:
Tiét 12:
Bai 1: Phan tich da thtrc thanh nhan tu bang phuong phap dit nhan tu chung.
a. 12xy - 4x%y + 8xy?
b. 4x(X - 2y) - 8y(X - 2y)
C. 25x%(y - 1) - 5x3(1 - y)
d. 3x(a - x) + 4a(a - x)
Giai:
a.  12xy - 4x?y + 8xy? =4xy(3 - X + 2y)
b. 4x(x - 2y) - 8y(x - 2y)

= (X - 2y) (4x - 8y) = 4(x - 2y) (X - 2y)

= 4(x - 2y)?
Cc. 25x3(y-1)-5x3(1-y)

= 25x2(y - 1) + 5x3(y - 1)

=(y-1)(25x2+5x3) = 5x3(y-1) (5-x)
d. 3x(a-x)+4a(a-x) = (a-x)(3x+4a)
Bai 2: Phan tich da thirc thanh nhan tu bang phuong phap dung hang dang thic.

a. ia2 —lb2
36 4
b. (x +a)?-25

C.X2+2x+1-y?+2y-1



d. - 125a% + 75a% - 15a + 1

Giai:

2 2
a. iaz—lb2 = (laJ —(lbj :(1a+£bj{la—£bj
36 4 6 2 6 2 6 2

b. (x+a)>-25=(x+a)’-52=(x+a+5)(x+a-5)

C. X2+ 2X+1-y?+2y-1=(x+2x+1)-(y>-2y+1)
=(x+1)?-(y-1)P=(x+1+y-1)(x+1-y+1)
=(X+y) (x-y+2)

d. - 125a + 75a% - 15a + 1 = (1 - 5a)°

Tiét 13:

Bai 3: Phan tich da thtrc thanh nhan tu bang phuong phap nhém hang tu.

a. 4x?-9y? + 4x - By

b. x3+y(1-3x?%)+x(3y?>-1)-y?

C. a’Xx +a%y-7x-7y

d. X(x + 1) + X(X - 5) - 5(x + 1)?

Giai:

a. 4x?-9y? + 4x - By
= (4x2 - 9y?) + (4x - 6Y) = (2x + 3y) (2% - 3y) + 2(2x - 3y)
=(2x-3y) (2x + 3y + 2)

b. x3+y(1-3x?%) +x(3y?>-1)-y3
=x3+y-3x%y+3xy?-x-y?
= (x* - 3x%y + 3xy* - y°) - (X - Y)
=(X-y)’-(x-y)
=(x-y) [x-yP-1] = (x-y) (x-y + 1) (x-y - 1)

C. ax+a’y-7x-7y
= (@x +a%) - (Tx+7y)=a*(x +y) - 7(x +y)
=(x+y)(@-7)

d. x(x +1)%+ x(x -5) - 5(x + 1)
=[x(x+1)? =5(x +1) |+ x(x=5) = (x + 1) (X - 5) + X(x - 5)
= (x-5) |[x+17 +x] = (x-5) (2 + 3x + 1)



Bai 4: Phan tich da thirc thnph nhan tu bang cach phdi hop nhiéu phwong phép.
a. X+ x%y2 + v
b. x3+3x-4
C. X3-3x2+2
d 23+ x2-4x-12
Giai:
a. X4+ X3y2 + v = x4+ 22 + v - Xy
= (X% + Y22 - XPy? = (X2 + y? )% - (xy)?
= (X% + Y2+ xy) (X* +y* - Xy)
b. x3+3x-4=x3-3x>+3x-1+3x*-3
=(x-12+3(x*-1)=(x-1)%+3(x+1) (x-1)
= (x- 1) [(x=1)? +3(x+1)| = (x - 1) (X + x + 4)
C. x3-3x2+2=x3-3x?+3x-1-3x+3
= (x-1)%-3(x- 1) = (x - 1) |[(x-1)? - 3]
=(x-1) (x>-2x-2)
d. 2x3+x2-4x - 12 = (x? - 4x + 4) + (2x° - 16)
=(X-2)?2+2(x3-8) = (X-2)2+2(x-2) (x> + 2x + 4)
= (X - 2) |[(x—2)+2(x* +2x+4)| = (X - 2) (2x? + 5X + 6)
Tiét 14:
Bai 5: Tinh bang cach hop 1Y nhat gia tri cac biéu thuc

a. > 3f.51+4g.3,8
190 5 3 3

b.a?-86a+ 13 voia=87
c.a’+32a-300 voia=68
d. a3—b3—3ab(a—b)vé'ia=—27,b=—33

Giai:
a. > 3ﬂ.5l+4g.3,8 = EQ 5+4+l+E =10
190 5 3 3 19 5 3 3

b. a%- 86a + 13 = 87(87 - 86) + 13 =87 + 13 =100
c. a>+ 32a-300 =68(68 + 32) - 300 = 68. 100 - 300 = 6500
d. a®-b3-3ab(a-b)=(a-b)(a®+ab + b? - 3ab)



=(a-b)3=(-27+33)°=6°=216
Bai 6: Tim x biét:
a.(x-2)(x-3)+(x-2)-1=0
b. (x +2)% - 2x(2x + 3) = (X + 1)?
Giai:
a. (x-2)(x-3)+(x-2)-1=0
s(X-2)(x-3+1)-1=0
o (x-2)2-1=0
o(x-2+1)(x-2-1)=0
=(X-1)(x-3)=0
<x=1hoacx=3
Vay nghiém cua phuong trinh: X1 =1, X, = 3
b. (X +2)% - 2x(2x + 3) = (X + 1)?
o(X+2)2-(x+1)2-2x(2x+3)=0
S(X+2+x+1)(X+2-%x-1)-2x(2x+3)=0
< (2x+3)-2x(2x+3) =0
<(2x+3)(1-2x)=0

@X:-Ehoécle
2 2

Vay nghiém cua PT: x; = - g, Xo = %

Chu dé 6: Hinh chit nhat
A. Muc tiéu:
- On tap cho hoc sinh cac tinh chét ctia hinh chit nhat.
- Dau hiéu nhan biét hinh chir nhat
- Rén luyén khéa nang v€ hinh, chirng minh mdt bai toan.
B. Thoi lwong: 3 tiét (tiét 15, 16, 17)
C. Thwc hién: A

Tiét 15:
Bai 1: Tim x trén hinh bén (®v do: cm)

Giai:




KY BH L CD. Tu giac ABHD ¢6 3
gbc vuong nén 1a hinh chir nhat, do do: D H C
DH = AB = 16cm

= HC=DC-DH=24-16 =8cm

Xeét ABHC vudng theo dinh 1y Pitago

BH = VBC? —HC? =172 -8 = /225 =15cm

Vay x = 15cm

Bai 2: T giac ABCD c6 hai duong chéo vudng goc voi nhau. Goi E, F, G, H theo
thir tu 1a trung diém cua cac canh AB, BC, CD, DA. Tu gidc EFGH kp hinh gi? Vi
sa0?

Giai:
Tam giac ABC c0 AE =EB, BF =FC

= EF=AC (1) E }
Ching minh tuong tu: HG // AC (2)
Tu (1), (2) = EF//HG (*) A C
Chung minh tuong tu: EH // FG (*%*) H G
Tu (*) va (**)= EFGH la hinh binh hanh.
EF// AC,BD LAC = EF 1L BD D
EF L BD,EH//BD = EF 1LEH
Hinh binh hanh EFGH c6 géc E = 90°

= 1a hinh chir nhat

Bai 3: Cho tam giac ABC vudng can tai A, AC = 4cm, Piém M thudc canh BC.
Goi D, E theo thtr ty 1a chan cac dudng vudng goc ké tir M dén AB, AC.

a. Tt gidc EDME 1a hinh gi? tinh chu vi tr gidc do.

b. Piém M & vi tri nao trén canh BC thi doan théng DE c6 do dai nho nhat.

Giai:

a. T giac ADME ¢6 goc <A=<D=<E=90° B




Vay tr giac ADME la hinh chit nhat. D M
- Chu vi cta hinh chir nhat ADME bang:
2(AD + DM) = 2(AD + DB) = 2AB
=2.4=8cm A C

b. Goi H 1a trung diém cua BC, ta co AH L BC
ADME 14 hinh chir nhat = DE = AM
Tacd: DE = AM > AH.
Dau “="xayrakhiM = H
Vay DE c6 d6 dai nho nhat 1a AH khi M 13 trung diém cua BC

Tiet 16:
Bai 4: Cho tam gidc ABC can tai A, cac duong trung tuyén BM, CN cit nhau tai
G. Goi D 1a diém ddi xtung voi G qua M. Goi E 14 diém d6i xtmg v6i G qua N. Tir
giac BEDC la hinh gi? Vi sao? A
Gisi < /\
D d6i xtng v6i G qua M = GD = 2GM
G la trong tdm cua tam gidc ABC

= BG=2GM = BG=GD
chtimg minh tuong tu: CG = GE B C
Tt giac BEDC c¢6 hai duong chéo cit nhau tai

D

trung diém ctia mdi duong nén 14 hinh binh hanh
ACBM = ABCN (c.g.c) = <B; =<C;
= BG=CG = BD=CE
Hinh binh hanh BEDC c6 hai dudng chéo bang nhau nén 1a hinh chir nhat.



Bai 5: Cho tam giac ABC vudng tai A . Piém D thudc canh AC. Goi E, F, G theo
thir ti 13 trung diém cta BD , BC, DC. Chimg minh rang t&r giac EFEG 1a hinh
thang can. B
Giai:

Vi EF la duong trung binh cta tam giac BDC

nén EF // DC

Do do: AEFG la hinh thang

Do FG la duong trung binh cua tam gidc BDC A D G C
Nén FG // BD = g6c <G; = <D, (dong vi)

Vi tam giac ABD vudng tai A, AE la duong

trung tuyén nén AE = % =ED

Do d6: tam giac AED can tai E = goc <A; =<D;

Tu do6 goc <Gi = <Ag

Hinh thang AEFG c6 hai goc ki mot ddy bang nhau nén 1 hinh thang can.

Tiét 17:

Bai 6: Cho tam giac ABC vuéng tai A, duong cao AH, duong trung tuyén AM

a. CMR: Goc <HAB = <MAC

b. Goi D, E thtr ty 1a chan dudng vudng goc ké tir H dén AB, AC. CMR AM vudng

gbc voi DE A
Giai:
a. Ta co goc <A; = <C (cung phu véi <HAC) E
AM la trung tuyén tng véi canh huyén
cua tam giac ABC = AM = MC D /O
= g0c <C =<A; = g0c <A; = <A, \
b. Goi O 1a giao diém ctua AH va DE B H M C

I 14 giao diém cia AM va DE
T giac ADHE 1a hinh chir nhat (c6 3 gbc vudng)
= OA = OE = g0c <E; = <OAE (1)
Ta lai c6: A AHC vubng
= goc <C + <OAE =90° (2)



ta cd: goc <C = <A, (3) (cm ¢ cau a)
Tu (1), (2), 3) = gbc <E; + <A, = 90°
= Goc <AIE =90° trc AM 1 DE
Bai 7: Cho tam giac ABC vudng tai A, duong cao AH. Goi D, E theo thtr tu 1a
chan duong vudng goc ké tir H dén AB, AC.
a. CMR: AH = DE
b. Goi I 14 trung diém cua HB, K 13 trung diém cua HC
CMR: DI/l EK
Giai:
a. T gidc ADHE c6 3 goc vudng nén 1a hinh chr nhat A
Do do: AH=DE
b. Goi O 14 giao diém ctia AH va DE
ADHE 1a hinh chit nhat
= OH=0E = goc <E; =<H; (1) D
Tam gidc EHC vudng c6 EK 1a duong B C

trung tuyén tmg voi canh huyén
= HK =EK = goc <E; =<H; (2)
=Tu (1), (2) = goc <E; + <E, = <H; + <H, = <AHC = 90°
Do d6: goc DEK = 90°
Chirg minh tuong tu ta c6: goc EDI = 90°
Vay DI // EK (®pcm)



