Gia sw Tai Nang Viét https://giasudaykem.com.vn

BAI TAP HINH HOC NANG CAO MON TOAN 12
A. LY THUYET

1. Hé toa d¢ Décac vudng goc trong khong gian:
Cho ba truc Ox, Oy, Oz vudng goc v&i nhau timg d6i mot va chung mot diém gbe O. Goi i, j, k la
cac vecto don vi, tuong Ung trén cac truc OX, Oy, Oz. H¢ ba truc nhu vay goi l1a h¢ toa do Pécac
vuong goc Oxyz hodc don gian 1a hé toa do Oxyz.

Chay: i =j=k=1va i.j=ik=k.j=0.
2. Toa dg cua vecto: z
a) Pinh nghia: U= (X y;z)u=xi+y]j+zk
b) Tinh chit: Cho a=(a;;a,;a,), b=(b;b,;h,), keR k(0.0
e a+b=(a +h;a,+h,; a b)) A
o
o ka = (ka;; ka,; ka,) £ —’_‘r }(0;1;0)
a=b T lf o |/;/
ea=ho{a,=bh, —
. z(];O;U]
a, =b,

e 0=(0;0;0), i =(1,0;0), ] =(0;1,0), k =(0;0;1)
e a cing phuong b(b #0) < a=kb (keR)

a =kb
o {a, =kb, @%=%=%, (b, b,, b, % 0)
33=ka 2 3
e db=ab +ab,+ab, ealb < ab+ab,+ab, =0
o d’°=a’+a’+a] o |dl=\a’+aZ+a’
e cos(d, b) = ab __ 3 +3,0, + b, (voi @, b=0)

al.lb] \/af+a22+a32.\/bf+b22+b32
3. Toa dj cia diém:
a) Pinh nghia: M(X; y; 2) <OM = (Xy;2) (x : hoanh do, y : tung do, z : cao do)
Chay: oM e(Oxy) z=0;M (0yz) &x=0; M € (Oxz2) <y =0
-,M eOXey=2z=0M ey =x=2=0;M 0z <x=y=0
b) Tinh chat: Cho A(X,; Ya; Z,), B(Xs: Vs Z3)

o AB= (Xg = Xa3 Yo = Yar Zg —Z,) * AB = \/(XB _XA)2 +(Ys - yA)2 +(2g _ZA)2

o Toa do diém M chia doan AB theo ti s6 k (k£1): M (XA —K% . Ya—Kys . 24Kz )

1-k 1-k 1-k
e Toa d6 trung diém M ciia doan thang AB: M (XA er Xs X Ya ; Ye : Za ; Z j

e Toa d¢ trong tam G cua tam giac ABC:
G(XA+XB+XC YAt Ye Ve _zA+zB+zcj

3 3 3
e Toa d¢ trong tam G cua tu dién ABCD:
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G(XA+XB+XC FXo YatYatYetYo Zat 2t +zcj
4 4 4
4. Tich cé hwéong cia hai vecto: (Chuong trinh ndng cao)
a) Pinh nghia: Cho a=(a, a,, a,), b=(b, b,, b,).

[ab]=anb= (Zj Zj : Zz Zli Zj Z J (ah, —ab,;ah —ab;;ab, —a,b;)
Chay: T ich ¢6 huong ciia hai vecto la mot vecto, tich vo huong ciia hai vecto la mot 50.
b) Tinh chat:

[i 7=k [ik]=i; [ki]=] e[ab]la [ab]Lb
« [a,b] =lal Ibl.sin(a,5) e 3, b ciing phuong < [a, b] =

¢) Ung dung cia tich c6 huéng:
e Dibu kién dong phing ciia ba vecto: a, b va ¢ dong phing < [a, 5] c=0

o Dign tich hinh binh hanh ABCD: S, suep =|LAB, AD |
e Dién tich tam gidc ABC: Spuec = %‘[ﬁ, E]‘
e Thé tich khéi hgp ABCD.ABTD" Viscowsco = [AB, AD].AA
e Thé tich tir dign ABCD: Vieep = %\[ﬁ, AC].AD|
e D
- '
A D ¢ o
c
A : E 1 “ c 4
b C B ; 5
cha y:

— Tich vé hwéng ciia hai vecto thuwong sir dung dé chirng minh hai dwong thang vuéng goc,
tink géc giita hai dwong thang.

— Tich c6 hwéng ciia hai vecto thuong sir dung dé tinh dién tich tam gidc; tinh thé tich khoi tir
dién, thé tich hinh hép; chimg minh cdc vecto dong phdang — khéng dong phdng, chirng minh cdc
vecto' cung phuong.

1bedab=0

dvag b cugng phoong < [a,b =0
a,

b, C fioang phaing <:>[a b]

B. CAC DANG TOAN

|| Dang 1: cdc bdi todn vé toa dp véc to, toa dp diém; sw bang nhau, sw cing phwong ciia hai véc to H
Bai 1:Trong khong gian Oxyz cho a(L;2;-3),b(-L1;2),c(3;4;3)
a) Tim toa do véc to u=3a-b+2c

b) Tim y,z dé véc to v= (-2;y;2) cung phuong véi U. Cho biét v,u cung huéng hay nguogc
hudng
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c) Chirng minh: a,b khong cung phuong. C6 ton tai cac sd thyc m,n dé c=ma+nb khéng? Cb
két luan gi vé két qua tim duoc.
Bai 2: Trong khdng gian Oxyz cho 3 diém A(1;2;3), B(2;1;2), C(-3;3;1)
a) CMR: A,B,C la ba dinh ctia mot tam giac
b) Tim toa do trong tdm G cua tam giac ABC
c) Tim toa do diém D dé ABCD la hinh binh hanh va tim toa d6 tdm I cta hinh binh hanh d6.
Bai 3: Trong khéng gian Oxyz cho M(1;-1;2), N(2;0;1)
a) Tim toa do giao diém | ciia dudng thang MN v&i mp(OXxy)
b) Piém | chia doan MN theo ti s6 nao?
¢) Tim toa do diém P dbi xtmg véi M qua N
Bai 4: Trong khéng gian Oxyz cho A(1;2;3), B(0;4;-1), C(3;-2;-5), D(5;-6;3).
a) Chirng minh: ABCD la hinh thang
b) Goi M,N,P,Q lan luot 13 trung diém cua cac doan AB, AD, CB va CD. Chung minh: cac tam
giac APQ va CMN c6 cung trong tam.
Bai 5: Trong khong gian Oxyz cho tam giac ABC c6 diém C(-2;2;2) va trong tam G(-1;1;2)
a) Tim toa do cac dinh A, B ctia tam giac ABC biét A thudc mp(Oxy), B thudc Oz
b) Goi H 1a trung diém cua BC, E 1a diém ddi xtmg cua H qua A. Tim toa do diém K trén duong
thang AC dé B, E, K thang hang.

|| Dang 2: Bii todn vé tich vé hwéng ciia hai véc to va cdc teng dung ciia tich vé hwong

Nhitng bai todn vé tich vé hwong xoay quanh cdc chii deé:
o Tinh tich v6 huong
Tinh do dai véc to, do dai doan thcfng
Tinh géc tao béi hai véc to, goc giita hai dwong thiang
Chitng minh tinh vuéng géc ciia hai véc to, hai dwong thang
Céc bai todn lién quan va két hop cdc dang trén
Bai 1: Trong khong gian Oxyz cho a(2;2;1),b(-1—1; 2),c(2;—4; 1)
a) Tinh (a+b)(c—3a) va cos(a,b)
b) Xac dinhk dé d =a+kc vuong goc voi véc to c

c) Tim toa do véc to U ¢ do dai bang 1 va cung huéng v6i v=a+b

d) Tim toa do véc to w biét aw=1, bw=7, cw=7
Bai 2: Cho A(-4;2;1), B(1;-3;1), C(3;2;2). Tim toa d6 tdm | ciia mit cau di qua 3 diém A, B, C biét |
thuoc mp(Oyz). Tinh ban kinh ctia mc do6.
Bai 3: Trong khéng gian Oxyz cho tam giac ABC c6 A(2;0;1), B(1;-1;2), C(2;3;1)

a) Chung minh tam giac ABC ¢ A la goc tu

b) Tinh chu vi tam giac ABC

c) Tim M thudc Oy sao cho tam giac MBC vuong tai M
Bai 4: Trong khong gian Oxyz cho tam giac ABC c0 A(2;-1;3), B(1;2;-1), C(-4;7;5). Cac duong phan
giac trong va ngoai cta goc A cua tam gidc ABC cat BC 1an luot tai D va E. Tim toa d6 cac diém D, E.

|| Dang 3: Bai todn vé tich cé hwéng ciia hai véc to va cdc ieng dung ciia tich c6 huwéng

Nhitng bai todn vé tich cé hwéng xoay quanh cdc chii dé:
Tinh tich c6 huong

Xét sw dong phang cia ba véc to

Phan tich mét véc to theo ba véc to khéng dong phang
Tinh dién tich cua mot tam gidc, tr gidc

Tinh thé tich ciia mét tir dién, hinh chop

Tim toa do cdc diém dic biét trong tam gidac

Cac bai toan lién quan

AN NN N NN

3
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Bai 1: Trong khong gian Oxyz cho a(4;3;4), b(2;-11), c(;2;2), d(-3;12)
a) Tinh [5,5} va tim z dé cac véc to a, b, ¢ ddng phing

b) Chung minh céc véc to a, b, d khong ddng phing

c) Hay biéu thi véc to u(-13;14;15) theo cac véc to a, b, d
Bai 2: Cho ba diém A(2;0;0), B(0;3;1), C(-1;4;2).

a) Chung minh: A,B,C 1a 3 dinh cua mdt tam giac

b) Tinh dién tich tam giac va d6 dai trung tuyén AM.

c) Tinh d¢ dai duong cao ké tir dinh A ctia tam giac ABC.
Bai 3: Cho cac diém A(1;0;1), B(0:0;2), C(0;1;1), D(-2;1;0)

a) Chirng minh: A,B,C,D la cac dinh ciia mot tr dién

b) Tim toa do trong tAim G cua tt dién ABCD va goc tao boi hai dudng thang AC va BD

¢) Tinh thé tich cta tr dién ABCD va khoang cach tir A &én mp(BCD)

|| Dang 4: Cic bai todn vé phwong trinh mdt ciu

Nhitng bai todn vé mdt cdu xoay quanh cdc chii dé:
1) Ldp phiong trinh mdt cau: ¢é hai cdch
a) Tim tam va bdn kinh va sir dung pt (X—%,)° +(y—VY,)’> +(2-2,)* =R?
b) Ap dung phuong trinh x* +y? + 2% + 2ax+2by +2cz+d =0
2) Tim tdm va ban kinh ciia mdt cau
3) Cdc bai toan xét sy tiwong giao ciia mat cau véi mdt phang hay dwong thang
Bai 1: Lap phuong trinh mat cau trong cdc truong hop sau:
a) cotam 1a1(1;1:-2) va di qua diém M(-3;2;4)
b) C6 duong kinh AB biét A(2;2;4), B(0;-2;2)
Bai 2: Lap phuong trinh mit cu trong cac trudng hop sau:
a) Co tam | thuoc Oz va di qua hai diém M(1;-2;4), N(-1;2;2)
b) C6 tam J thudc mp(Oxy) va di qua 3 diém A,B,C véi A(1;2;-4), B(1;-3;1), C(2;2;3)

|| Dang 5: Bai todn tdp hop diém

Bai 1: Cho tam gi4c ABC c6 A(-3:2;0), B(-1:3;2),C(L0;1). Tim tap hop nhitng diém M trong khong

gian théa man diéu kién:
2) MAME = AB b) [MiA-+ MB + MC| = [MA + ME - 2MC

C. BAI TAP TU LUYEN

Bai 1: Trong khdng gian Oxyz cho hinh hop chit nhiat ABCD.A’B’CD’ biét A triing O, B(2;0;0),
C(2;3;0) va 4°(0;0;4)

a) Tim toa do cac dinh con lai cua hinh hop.

b) Ching minh ring AC’ qua trong tdm cta tam giac A ’BD
Bai 2: Cho tir dién OABC c6 A(3;0;0), B(0;4;0), C( 0;0;5)

a) Tim toa do diém I 13 tAm mit cau ngoai tiép hinh chop

b) Tim toa do hinh chiéu H cua O trén AB
Bai 3: Trong khong gian Oxyz cho A(1;1;2), B(2;4;3). Tim toa d6 cac diém M thudc (Oxz) va N thudc
(Oxy) dé MA+MN+NB c6 gia tri bé nhat.
Bai 4: Cho tam giac ABC c0 A(2;0;1), B(0;1;0), C(1;-1;-4)

a) Tim toa d6 diém D d& ABCD 14 hinh chit nhat

4
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b) Tim toa do diém S thudc mp(Oyz) sao cho SA L (ABCD)
¢) Tinh thé tich hinh chép SABCD
Bai 5: Trong khong gian Oxyz cho tam giadc ABC c¢ trong tam G(1;1;2)
a) Biét A thuoc Ox, B thudc Oy, C thudc Oz .Tim toa do cac diém A,B,C |
b) Goi M va N lan luot 14 trung diém cua AB va OC. Tim toa d6 diém E trén dudng thing OM dé
ME 1. OG
Bai 6: Cho A(1;0;0), B(2;1;2)
a) Tim toa do diém C thuéc mp(Oxy) dé tam giac ABC vudng can tai A
b) Goi D la trung diém doan AB VA E 13 diém trén canh BC sao cho BC =3BE. Chtrng minh:

AE 1. CD
§2. PHUONG TRINH MAT PHANG

A.LY THUYET

1. Vecto phdp tuyén — Cip vecto chi phwong ciia mdt phing
e Vecto fi =0 1a VIPT cua () néu gia cua i vudng goc voi (o).
e Hai vecto &,b khong ciing phuong 1a cip VTCP ciia (o) néu cac gia ctia chung song song hoic
nam trén (o). ,
Chuy:  eNeu i la mot VTPT cua (a) thi ki (k# 0) ciing la VTPT cua ().
e Néu a,b la mét cip VICP ciia (a) thi fi = I:é,kﬂ la mot VTPT cua (a).
2. Phwong trinh tong qudt ciia mét phing
Ax+By+Cz+D=0voui A>+B*+C*>0
e Néu () ¢6 phuong trinh Ax+ By +Cz+D =0 thi fi=(A;B;C) la mot VTPT cua (a).
e Phuong trinh mat phang di qua M, (X,;Y,;Z,) va c6 mot VIPT fi=(A;B;C) la:
A(X— Xo) +B(y- yo) +C(z- Zo) =0
3. Cdc trwong hop riéng

Cic hé so Phwong trinh mit phing () Tinh chit mit phing (o)
D=0 Ax+By+Cz=0 (o) di qua gbc toa d6 O
A=0 By+Cz+D=0 (ov) // Ox hodc (o) > Ox
B=0 Ax+Cz+D=0 (o) // Oy hodc (o) © Oy
Cc=0 Ax+By+D=0 (o) // Oz hoac (a) > Oz
A=B=0 Cz+D=0 (o) // (Oxy) hodc (o) = (Oxy)
A=C=0 By+D=0 (ov) // (Oxz) hodc (o) = (Oxz)
B=C=0 Ax+D=0 (o) // (Oyz) hoac (a) = (Oyz)

Chuy: e Néu trong phirong trinh cia (o) khéng chira an ndo thi () song song hodc chira

truc twong ung.
> ; X z
e Phuong trinh mat phang theo doan chan: —+ % +-—=1
a c

(o) cdt cdc truc toa dd tai cdce diém (a; 0; 0), (0; b; 0), (0; 0; c)

4. Vi tri twong déi ciia hai mdt phing
Cho hai mit phang (o), (B) ¢6 phuong trinh:  (o): Ax+By+Cz+D =0
B): Ax+B,y+C,z+D, =0

e (), (B) cit nhau <> A :B,:C,#A,:B,:C,
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c@Per-B_ 6.0 =P e2_B_G_D
A B C D A B, C, D,
o(a) L(p) < AA +BB,+CC,=0
5. Khodng cdch tir diém Mo(Xo; Yo, 20) dén mdt phéing (@): Ax + By + Cz+ D =0
_ |Ax,+By, +Cz,+D|

A(Mo @) == g

B. CAC DANG TOAN

|| Dang 1: Viét phwong trinh mdt phéing

Phwong phap: . ]
Nguyén tac: tim mgt diéem va mgt véc to phdp tuyén
+ Mp qua 3 diém A,B,C nhén véc to n= [E, EJ la véc to phdp tuyén
+ Néu P)/(Q) biét (Q): Ax+By+Cz+D=0 thi (P) c6 phwong trinh Ax+By+Cz+D’=0 véi D khdc
D ’
Bai 1:Trong khong gian Oxyz cho hai diém A(1;2;1), B(3;-4;5). Viét phuong trinh mp(P) trong céac
treong hop sau: q
a) (P) la mat phang trung tryc cua doan AB
b) (P) di qua di€ém B va song song v6i mp(Q): 2x-y+4z+7=0
Bai 2: Vi€t phuong trinh mp(P) trong moi trudng hop sau:
a) (P) chira Oy va di qua diem M(1;-1;3)
b) (P) di qua cac diém A,B,C lan lugt nam trén cac truc Ox, Oy, Oz sao cho H(1;2;-2) 1a truc tim
cua tam giac ABC

|| Dang 2: Vi tri twong doi ciia hai mat phang

Bai 1: Cho hai mat phang c6 phuong trinh: 2x+my+4z-6+m=0 va (m+2)x+4y+(3m+2)z-10=0. V&i
gia tri nao ciia m dé hai mat phang do:

a) Cit nhau

b) Vubng gbc

c) Song song
Bai 2: Xac dinh cac gia trj ciia n, m dé 3 mp sau day cung di qua mot dudng thang
(2):2x+ny—-3z+m=0, (B):x—-y+2z-3=0, (y):x+y—-2z+1=0

|| Dang 3: Cac bai toan trng dung cong thirc khoang cdach H

Bai 1:Trong khong gian Oxyz cho hai mp (P): x+y-2z-3=0 va (Q): 2x+2y-4z+7=0
a) Tinh khoang cach gitta hai mp (P) va (Q)
b) Tim toa do diém M thudc Ox cach déu hai mp (P) va (Oyz).
Bai 2:Trong khong gian Oxyz cho mp(P): 2x-y-2z-6=0 va hai diém A(0;1;2), B(1;0;-2)
a) Tim toa d6 diém H 1a hinh chiéu cua A trén mp(P)
b) Tim toa do diém M thudc (P) sao cho MA=MB va d(M,(0zx))=1
Bai 3: Tim tap hop cac diém trong khong gian cach déu hai mat phiang (P) va (Q) trong mdi truong
hop sau:
a) (P): x+y-2z-3=0, (Q): x+y-2z+5=0
b) (P’): x+2y-22-7=0, (Q’): 2x+y+2z+1=0
Bai 4: Chomc (S): x*+ y?*+2% —2x+2y+62+7=0. Lap phuong trinh mp(P) théa man diéu kién

a) (P)//(Q): x+3y-z+2=0 va tiép xuc vdi (S)
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b) (P) qua 2 diém A(1;2;-1), B(0;2;1) va tiép xtic véi (S).
C. BAI TAP TU LUYEN

Bai 1:Cho ttt dién ABCD biét A(-1;1;2), B(1;0;1), C(2;1;-1), D(3;2;1)
a) Viét phuong trinh qua 3 diém A, B,C
b) Viét phuong trinh mp(P) qua AB va song song véi CD
Bai 2:Cho A(1;-2;0), B(2;-1;2), Viét phuong trinh ctia mp
a) qua cac diem M,N,P 14n luot 13 hinh chiéu caa C(1;-2;5) trén cac truc OX, Oy, Oz
b) chira AB va song song vdi Oy
c) chia Ox vaquaB
Bai 3: Trong khong gian Oxyz cho hai miat phang (a): X+y+2z-3=0,(8):2x—y—22z+6=0. Viét
phuong trinh mp(P) qua giao tuyén ciia hai mp va théa man mot trong cac diéu kién sau:
a) song song vai Oz
b) QuaK(1;2;3)
c) Vuong goc voi mp: 2x-z+7=0
Bai 4: Cho mp(P) qua M(3;1;1). Viét phuong trinh mp(P) théa méan diéu kién:
a) Vuong goc voi hai mp («):3x—2y+2z2=0,(f):5x—4y+3z+1=0
b) Cit cac truc OX, Oy, Oz tai A,B,C sao cho M la trong tdm tam giac ABC
c¢) Cit cac truc Ox,0y, Oz tai cac diém A,B,C sao cho tir dién OABC c6 thé tich bé nhat.

§3. PHUONG TRINH PUONG THANG
A.LY THUYET CO BAN

1. Phwong trinh tham sé ciia qu’b’ng thing q q
e Phwong trinh tham s6 cua duong thang d di qua diém M,(X,;Y,:Z,) va c6 VTCP
d=(a;a,a):
X=X, +at
(d)qy=y,+at (teR)
z=127,+ait

J— Z ”
O dgl phwong trinh chinh tac cua d.

A sy X% Y=Y
e Néu a,a,a, #0 thi (d): = =
2 a  a

2. Vi tri twong doi giiva hai dwong thing
Cho hai duong thang d, d’c6 phuong trinh tham so lan luot la:

X=X, +ta X=X, +t'a
d:qy=y,+ta, va d':qy=y,+ta,
Z=1,+1a, z=1,+1a,

a,a’ cugng phodng
X, +ta, = X; +t'a
hed |y, +ta, = y; +t'a, (aadn t,t") voa nghieam
z,+ta, =z, +t'a,
a,a’ cugng phddng a,a’ cueng phdbng
< , A= — . . &
M, (X, Vo1 2,) £d a,M,M; khoang cugng phoong

ed//d” <
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X, +ta, = x5 +t'a
ed=d’ < hedy,+ta, =y, +ta, (adn t,t’) cou voa sod nghieam
z,+ta, =z, +t'a,

a,a' cugng phdodng ot TRET moAt e
o , < 4d,a,M,M; fioai moat cugng phdong
M, (Xo; ¥o: 25) €d

o [a,a]=|a,M,M]|=0
X, +ta, = X; +t'a
ed,d’cat nhau < hé {y,+ta, =y, +t'a) (dnt, t) cé dimg mét nghiém
z,+ta, =z, +t'a,
d,d’ khoang cugng phéong [4,a]=0
o , _— L= .
,M M/ fioang phalng [d,8].M,M, =0

Qy
Qy

a,a’ khoang cuegng phodng

X, +ta, = x; +t'a
ed, d’chéo nhau < | & ° ?1, e
hea 1y, +ta, =y, +t'a; (aan t,t’) voa nghieam

z,+ta, =z, +t'a;

& d,8,M M/ khoang fioang phaing < [&,a'].M,M_ =0

ed [d < dld < aa =0
Vi tri twong doi gitra mot dwong thang va mot mat phang

X=X, +tg
Cho mit phang (a): Ax+By+Cz+D=0 vaduong thang d: 1y =y, +1a,
Z=1,+1a,
Xét phuong trinh: A(x, +ta,) +B(y, +ta,) +C(z, +ta,) + D=0 (4nt) *)
e d/l(a) < (*) vo nghiém
o dcdt(a) < (¥ cé ding mot nghiém
e dc (@) < (*)cdvo s6 nghiém .
Vi tri twong doi giita mot dwong thang va mot mdt cau
X=X, +ta,
Cho duodng thang d: {y =y, +ta, (1) vamitcau (S): (x—a)*+(y—b)?+(z—c)*=R? (2)
z=17,+ta,
Dé xét VITD cua d va (S) ta thay (1) vao (2), duoc mot phuong trinh (¥).
e dva (S) khéng c6 diém chung < (*) vé nghiém <d(l,d)>R
e d tiép xiic v6i (S) < (*) ¢6 diing mot nghiém <d(l,d)=R
e d cat (S) tai hai diém phdn biét < (*) c6 hai nghiém phdn biét =d(l,d) <R

Khodng cich tic mét diém dén mot dwong thing (chiwong trinh ndng cao)
Cho duong thang d di qua Mo va ¢6 VTCP & va diém M.
o) ]
|al
Khodng cich giita hai dwong thing chéo nhau (chiong trinh ndng cao)
Cho hai duong thang chéo nhau d; va d>.
d1 di qua diém My va c6 VTCP &, d. di qua diém M, va c6 VTCP 3,
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[4.4,]

ChU ¥: Khodng cdch giitta hai dwong thang chéo nhau di, d2 bang khodng cach giita dv véi mat
phang (@) chita dp va song song véi di.

7. Khodng cdch giita mot dwong thang va mét mit phang song song
Khodng cdch giita dwong thang d véi mdt phang (@) song song véi né bang khodng cdch tir mét
diém M bat ki trén d dén mdt phang ().

8. Géc giiva hai dwong thang
Cho hai duong théng di, d2 lan lwot ¢6 cac VICP a,a,.

d(d;,d,) =

Goc giita di1, dz bang hodc bl véi géc giita 8,4, .

o) )
9. Géc giita mpt dwong thing va mot mit phing
Cho duwong thing d c6 VICP = (a,;a,;8,) va mdt phang (@) c6 VTPT fi=(A;B;C).
Géc gitta duong thang d va mdt phang (o) bang goc giita dwong thang d voi hinh chiéu d’ ciia né
trén ().
|Aa, + Ba, +Ca,|
JA? 1+ B? +C2.\/a12 +ai+a’
B. CAC DANG TOAN

sin(d, (@) =

|| Dang I: Viét phwong trinh tham so va phwong trinh chinh tic ciia dwong thang H

Bai 1: Viét phuong trinh tham s6 va phuong trinh chinh tic ctia duong thang d trong mdi trudng hop
Sau:

a) Di qua diém M(2;0;-3) va c6 véc to chi phuong (-1;2;3)

b) Di qua hai diém A(1;2;3), B(-1;3;5) 7 N
Bai 2: Viét phuong trinh chinh tac ciia duong thang d qua M(1;-2;2) trong moi truong hop sau:

X=1+2t
a) d song song v&i duong thang A:{y=-5t
z=2-t

b) d vudng goc v6i mp(P): x+2y-3z+4=0
Bai 3: Viét phuong trinh chinh tac ctia dudng thang d qua M(2;-1;3) va vudng goc voi
A:L: y+1: z2-2 VA A" X_3:X: z+1

-2 3 1 -3 4 2

| Dang 2: Vi tri twong doi ciia hai mgt phing |

Bai 1: Xét vi tri twong ddi cua cac cip duong thang d va d’ cho béi cac phuong trinh sau:
x-1 y-7 7-3 q X-6 y+1 z+2

a) d: ,
2 1 4 3 2 1
X =9t 3
b) dily=5t ,d:— =Y _Z%
-18 -10 2
z=-3-1
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X=t X=t'
c) d:qy=2-4t ,d":cy=1-4t
z=-3-3t z=-3-3t'
X=1+t
Ay =-2+t
2=2+3t
Bai 2: Cho hai duong thing d va d’ cho béi cac phuong trinh sau day:
X=2+mt
,d'iy=-1-3t
z=2+(m-4)t
a) Xac dinhm dé d vuong véi d’ 7
b) Xéc dinh m d€ d va d’ 1a hai duong thang chéo nhau
Bai 3: Cho hai duong thang d va d’ cho boi cac phuong trinh sau day:
d_x+1_y—1_z—3d,_§_y—1_z+3
3 2 =271 1 2 q
a) Chung minh d va d’ cat nhau. Tim giao diém cua d vad’
b) Lap phuong trinh mp(P) chirad va d’

d) d-: X+ 2 y+3=E
12 3

g1y _z
1 2 4

Dang 3: Vi tri twong doi giita duong thang va mp. Cdc bai todn vé hinh chiéu ciia mét diém trén
dwong thing, trén mp, hinh chiéu ciia dwong thing trén mp..

X=2+4t
Bai 1: Cho duong thang d :qy=1-t ,(P):2x+my—-3z+m-2=0
z=1+3t
a) Xac dinh m dé d cat (P), khi do tim toa d¢ giao diém | cua d va (P) theo m. Véi gia tri ndo cua
m thi | ¢6 toa do 1a cac s6 nguyén
b) Xac dinh m dé d//(P), d = (P)
Bai 2:Cho diém M(2;-1;0) va mp(P): x+2y-z+2=0
a) Tim toa do diém H 1a hinh chieu cua M trén (P)
b) Tim toa do diém N doi xung ctia M qua (S)
Bai 3:Cho diém M(1;2;0) va duomg théng d : X_Zl = y;rz =L . 2
a) Viét phuong trinh dudng thang A qua M, cét d va vudng goc véi d
b) Tim toa d6 diém N doi xing véi M qua d.

|| Dang 4: cdc bai todan vé goc, khodang cdach

Bai 1:Cho M(1;2;3) va hai duong thiang d : x=1_ yIB = 2_24, d': ng = y_ll = Zzl

a) Tinh khoang cach tir M d&én dudng thiang d

b) Chung minh: d va d’ chéo nhau. Tinh d(d,d") ,
Bai 2(KA-2004): Trong khong gian Oxyz cho hinh chép S.ABCD c6 day ABCD Ia hinh thoi, AC cat
BD tai gdc O. Biét A(2;0;0), B(0;1;0), S(0;0;+/2 ). Goi M Ia trung diém ciia SC

a) Tinh goc va khoang cach gitra hai duong thang SA va BM

b) Gia st mp(ABM) cat duong SD tai N. Tinh thé tich khoi chop S.ABMN
Bai 3: Cho diém A(-2;0;1). Viét phuong trinh duong thang d di qua A, cat truc Oy va hop vadi Oy goc
45°,

10
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Dang 5: Viét phwong trinh dwong vuéng géc chung ciia hai dwong thing chéo nhau va cdc bai
todn co dang twong tw

X=—4+2t X=3+2t'
Bai 1: Cho hai duong thang c6 phuong trinh: d:{y=3+t ,d':{y=-2
z=1 z=-3t'

a) Chung minh rang hai dudng thing d6 chéo nhau

b) Viét phuong trinh duong ‘vudng goc chung cua d vad’
Bai 2: Viét phuong trinh tham sb cua dudng thang A di qua diém M(1;2;1) va cit ca hai duong thang:
d:zzy_lzz’d,.xﬂ y _z

2 3 1 1 2 1 i 7 ,
Bai 3: Viét phuong trinh ciia duwong thang A qua M(1;0;1) vudng goc véi duong thang d va cat d’ ¢o
cac phuong trinh sau: d :X—-'_l:l:i, ':X—_l:yLZ:E

2 3 -1 3 -1 2

C. BAI TAP TU LUYEN

Bai 1:Cho tir dién OABC c0 A(3;0;0), B(0;4;0), C(0;0;5).
a) Viét phuong trinh duong thang BC
b) Tim toa dd H 1a hinh chiéu cta O trén mp(ABC)
c¢) Tim toa d6 K 13 hinh chiéu cta A trén dudng thang BC
Bai 2:Cho cac diém A(4;-6;3), B(5;-7;3).
a) Viét phuong trinh tham s ciia dudng thang d qua A va vudng goc vi mp(P): 8x+11y+2z-3=0
b) Tim trén d diém C dé tam gidc ABC vudng tai B
¢) Tim trén truc Oz diém M sao cho khoang cach tir M dén dudng thang AB 13 bé nhat.
Bai 3: Cho A: x*t2_y-2_z va A,:x_+5=y_—2=5
-1 1 2 3 -1 1
a) Chiang minh A, A" chéo nhau
b) Viét phuong trinh mp(« ) chita A va song song véi A'
x-1 _y+ 2 z-1
-2 1 3
a) Viét phuong trinh tham sb ctia cac dudng thang 13 giao tuyén cua mp (« ) véi cac mp toa do.
b) Tinh thé tich ctia khdi tr dién ABCD, biét A,B,C 1a giao diém ctia mp(« ) véi céac truc Ox, O,
Oz, ¢on D 1a giao diém ciia duong thang d v6i mp (Oxz).
Bai 5: Cho ttr dién ABCD. Tinh géc va khoang cach giita hai canh AB va CD biét A(3;-1;0), B(0;-7;3),
C(-2;1;-1), D(3;2;6)
Bai6: Cho d: X*1_Y*+2_2-4
-1 -2
a) Tim toa do giao diém cua d va (P)
b) Tinh goc gitrad va (P)

Bai 4: Trong khéng gian Oxyz cho mp(« ) va duong d : (« ): X+y-2z-2=0, (d):

va mp(P): x+y+z-3=0

Bai 7: Cho M(1;2;-1), dudng thang d :X%Z = % = ZLZZ va mp(P): 2x+y-z+1=0

a) Tim toa do K d6i xtg ctua M qua (P) )
b) Viét phuong trinh ciia duong thang A qua M, cat d va song song vai (P).

Bai 8: Cho hai duong thing d :i1 - yIZ _Z +34 d Xl_l - y;rz -2 _12 va mp(P): x+y-2z=0. Viét
phuong trinh duong thang A nam trén (P) va cit hai duong thang d va d’.
Bai 9:

11
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X-6 y+3 z-2

. n 2x -3y + 2z =0. Viét phuong trinh hinh chiéu cta d trén

Cho duong d va mp(P):

(P).
X=6-4t X=-3-6t'
Bai 10: Cho hai dudng thing c6 phuong trinh: d:qy=—-4+t,d':Jy =t
z=1+t Z=6+2t'
a) Chiung minh rang hai duong thing d6 chéo nhau
b) Viét phuong trinh duong vudng goc chung cua d va d’
Bai 11: Cho mp(P) va duong thing d c6 phuong trinh: (P): 2x+y-z-5=0, d :XT+1 - VT”’ =%
a) Tim toa do giao diém A cta d va (P) ‘
b) Viét phuong trinh ctia duong thang A qua A, vuong goc voi d va nam trong mp(P)
Bai 12: Cho hai duong thing d :%: ylz - 226 d XI4 - y;2 - Z_ll va mp(P): 2x-y-z+3=0
a) Ching minh: d va d’chéo nhau. Tinh khoang cach gilta d va d’
b) Viét phuong trinh duong thang A vudng véi (P) vacatcadvad’.

§4. PHUONG TRINH MAT CAU
A.LY THUYET

1. Phwong trinh mdt cdu:
a) Mit cau tam 1(X,;Y,;Z,) , ban kinh R ¢6 phuong trinh (x—x,)* +(y—V,)* +(z2—2,)* =R’
b) Phuong trinh X* + y* + 2% +2ax+2by +2cz+d =0 véi a° +b® + ¢ —d > 01a phuong trinh mit

cAu c6 tam 1(-a;—b;—c) va ban kinh R=+a’+b’+c?—d

2. Twong giao ciia mdt cdu véi dwong thing, mp: Cho mc (S) tam I, ban kinh R
a) V6i duong thang: goi d =d(l,A)...
b) V&i mit phang:

B. CAC DANG TOAN

Nhirng bai todn vé mdt cdu xoay quanh cdc chu dé:
4) Ldp phuong trinh mat cau: cé hai cdch
¢) Tim tdm va bdn kinh va sir dung pt (X—%,)° +(y—VY,)> +(2-2,)* =R?
d) Ap dung phwong trinh X* +y? +z° + 2ax+2by +2cz+d =0
5) CA&c bai todn xét sy twong giao ciia mdt cau véi mdt phang hay dwong thang

|| Dang 1: Cdc bai todn vé lap phwong trinh mdt ciu

Dé viét phwong trinh mdt cau (S), ta can xdc dinh tam | va ban kinh R ciia mdt cau.
Dang 1: (S) cé tam I(a; b; c) va ban kinh R:
(S): (x—a)?+(y—b)? +(z—c)* =R?
Dang 2: (S) c6 tam I(a; b; ¢) va di qua diém A:
Khi do ban kinh R = IA.
Dang 3: (S) nhan doan thang AB cho truéc 1am duong kinh:

12
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: ; Xp+ X + Z, +
— Tdm I la trung diém cua doan thang AB: X, = A_B.y _IatYs., _Za ZB.

e 2 2

_BankinhR=1a= 2B

Dang 4: (S) di qua bén diém A, B, C, D (mdt cau ngoai tiép tir dién ABCD):

— Gia sir phirong trinh mét cdu (S) ¢6 dang: X* +y? +Z2 +2ax+2by+2cz+d =0 (*).
— Thay lan luot toa dé ciia cdc diém A, B, C, D vdo (*), ta dwcoc 4 phwong trinh.
— Gidi hé phwong trinh d6, ta tim dwoc a, b, ¢, d = Phwong trinh mdt cau (S).

Dang 5: (S) di qua ba diém A, B, C va c6 tdim I ndm trén mit phang (P) cho trudc:
Giai twong ty nhu dang 4.

Dang 6: (S) c6 tam I va tiép xtc voi mit cau (T) cho trude:
— Xdc dinh tam J va ban kinh R” ciia mat cau (T).
— St dung diéu kién tiép xiic ciia hai mdt cau dé tinh ban kinh R ciia mdt cau (S).

(Xét hai trwong hop tiép xiic trong va tiép xiic ngodi)
ChU Y: Véi phwong trinh mdt cau (S):

X2 +y? + 7 +2ax+2by+2cz+d =0 voi a®+b*+c2—d>0

thi (S) ¢6 tam I(-a; —b; —c) va ban kinh R = a2 +b? +c2 —d .

Bai 1: Lap phwong trinh mit cau trong cac trudng hop sau:
c) c6tamla1(1;1;-2) va di qua diém M(-3;2;4)
d) Cé duong kinh AB biét A(2;2;4), B(0;-2;2)
Bai 2: Lap phuong trinh mét cau trong cac truong hgp sau:
c) COtam | thuoc Oz va di qua hai diém M(1:-2:4), N(-1;2;2)
d) Co6 tam J thuoc mp(Oxy) va di qua 3 diém A,B,C véi A(1;2;-4), B(1;-3;1), C(2;2;3)

|| Dang 2: Cdc bai todn vé twong giao ciia mdt ciu véi mp, dwong thing H

Bai 1: Cho mc (S) c¢6 phuong trinh x? + y? +2° —6x+2y+4z+5=0 va 3 diém A(1;-1;2), B(2;0;1),
C(-1;2;2).

a) Tim tam | va ban kinh R ctia mit cau (S)

b) CMR duong thang AB cat mat cau (S)

¢) CMR mp(OAC) cit mit cau (S), tim ban kinh dudng tron thiét dién.
Bai 2:Cho mp (P) va mc (S) c6 cac phuong trinh: (P): 2x-3y+4z-5=0 va (S):
X2 +y2+722+3x+4y—52+6=0. CMR: (P) cat mit cau (S). Tinh ban kinh r va xac dinh toa d6 tam H
ctia dudng tron thiét dién.
Bai 3:Cho mit cau (S): Xx*+Yy?+2°—6x—2y+4z+5=0. Lap phuong trinh mp(P) théa mén diéu
kién:

a) (P) tlép xuc voi me (S) tai M(4;3;0)

b) (P) tiép xtic véi me(S) blet rang (P)//(Q): x+3y-z+2=0

Bai 4: Lap phuong trinh mit cau c¢6 tam thudc Oy va tiép xuc véi hai mp: x+2y-2z-3=0 va
X+2y-2z-5=0

Bai 5:Lap phuong trinh mit phing chira dudng thang AB voi A(0;0;1), B(2:2;3) va tiép xtic véi me:
X>+y?+72°+2x—-6y+4z-15=0
Bai 6: Xét phuong trinh x* + y* + 2% —2(sint)x +4(cost)y + m =0 (*)

a) Timm dé (*) 1a phuong trinh mdt mat cau v6i moi t thude R. Tim tdm va ban kinh me dé
b) Tim tap hop tdm cua mc khi t thay doi

C.BAI TAP TU LUYEN
13
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§5. PHUONG PHAP TQA PQ HOA GIAI CAC BAI TAP HINH HQC KHONG GIAN
A.LY THUYET CO BAN

* PHUONG PHAP:
Buwéc 1: Chon hé truc toa dé Oxyz thich hop (chii ¥ dén vi tri ciia goc O)
Budre 2: Xdc dinh toa dé cdc diém cé lién quan (c6 thé x4c dinh toa do tit ca cac diém hodc mot sd
diém can thiét)
Khi xdc dinh toa dp cdc diém ta cé thé dwa vao :
v Y nghia hinh hoc ciia toa do diém (khi cac diém nam trén cdc truc toa dd, mdt phang toa do).
v Duwa vao cdc quan hé hinh hoc nhw bdng nhau, vuéng géc, song song ,cting phwong , thing
hang, diém chia doan thang dé tim toa do
v’ Xem diém can tim la giao diém ciia dwong thang mat phang
v Dug vao cdc quan hé vé goc cua duong thang, mdt phang.
Buwéc 3: St dung cdc kién thirc vé toa do dé giai quyét bai todn
Cac dang toan thwong gap:
B¢ dai doan thcfng
Khodng cdach tir diém dén mdt phang
Khodng cach tir diém dén dwong thang
Khodng cach giita hai dwong thang
Géc giita hai dwong thang
Géc giita dwong thang va mat phang
Géc giiva hai mdt phang
Thé tich khéi da dién
Dién tich thiét dién
Chirng minh cdc quan hé song song , vuéng goc
Bai todn cuec tri, quy tich

AN N NN N Y N N N N

B. CAC DANG TOAN

|| Dang 1: Hinh lap phwong, lang tru dirng H

Bai 1: Cho hinh 1ap phuong ABCD. A1B1C1D1 ¢6 canh a. Goi M, N, P, Q lan luot 14 trung diém cta
BB1, CD, A1D1, AB.

a) Tinh goc gitra C:N va MP

b) Tinh goc gitra hai mp: (A1BC) va (A:CD)

¢) Tinh khoang cach giita hai duong thang A;C va QN.
Bai 2: Cho hinh lap phuong ABCD.A’B’C’D’ ¢6 canh bang a. Goi M, N lan luot 13 trung diém ciia AB
vaDD’.

a) CMR: MN//(BDC’). Tinh MN va khoang cach gitta MN v&i mp(BDC”)

b) Goi P 14 trung diém ctia C’D’. Tinh Vcmne va goc gitra MN va BD

¢) Tinh ban kinh dudng tron ngoai tiép tam giac 4 ’BD

Bai: (KB — 2003) Cho hinh ling tru ding ABCD.A’B’C’D’ ¢ day hinh thoi canh a, BAD = 60°. Goi
M, N 1a trung diém canh A4°, CC".

1. Chimg minh B’, M, D, N cling thudc mét mit phang.

2. Tinh AA’ theo a && B’MDN la hinh vudng.

|| Dang 2: Hinh chop H

2.1. Chop tam giac:
14
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Bai 1: Cho tir dién OABC cd OA, OB, OC d6i mét vuong goc va OA=3, OB=0OC=4.Tinh khoang cach
tir A dén mp(BCD).
Bai 2: (KD — 2002). Cho tir dién ABCD c¢6 canh AD vudng géc (ABC), AC = AD = 4cm, AB = 3cm,
BC = 5cm. Tinh khoang cach tir dinh A dén (BCD).
Bai 3: Cho hinh chép O.ABC c6 OA, OB, OC d6i mot vudng goc. Goi a, b, g lan luot 1a goc giita cac
mp: (OAB), (OBC), (OCA) v&i mp(ABC). Goi H 14 hinh chiéu cta dinh O trén (ABC).
1. Ching minh H Ia tryc tam cua DABC.
1 1 1 1
= + + .
OH? OA? 0B? O0C*?
3. Ching minh cos*a + cos’b + cos*g = 1.
4. Chtimg minh cosa + cosb+ cosg £ /3.
Bai 4:Cho hinh chép O.ABC c6 OA = a, OB = b, OC = ¢ d6i mot vudng goc. Piém M ¢d dinh thude
tam giac ABC c6 khoang cach lan luot dén cac mp(OBC), mp(OCA), mp(OAB) a1, 2, 3. Tinh a, b, ¢
dé thé tich O.ABC nho nhat,
Bai 5:Cho tir dién ABCD c6 AD vudng goc voi mit phang (ABC) va tam giac ABC vudng tai A, AD =
a, AC = b, AB = c. Tinh dién tich S cta tam giac BCD theo a, b, ¢ va ching minh rang :

2S> ,[abc(a+b+c)

(Du bi 2 — Dai hoc khdi D — 2003 ‘
Bai 6:(KA - 2002). Cho hinh chép tam gidc déu S.ABC c6 do dai canh day la a. Goi M, N la trung
diém SB, SC. Tinh theo a dién tich D AMN, biet (AMN) vudng goc véi (SBC).

2. Chting minh

2.2: Chép twr giac

Bai 1: Cho hinh chop S.ABCD c6 day ABCD la hinh vudng canh a. Mat bén SAD la tam giac déu va o
trong mp vudng goc véi day. Goi M, N, P lan luot 1a trung diém cua SB, SC, CD. CMR: AM vudng véi
BP
Bai 2: Cho hinh chop tir gidc déu S.ABCD c6 canh ddy bang a. Goi E 1a diém doi ximg cua D qua
trung diém cua SA. Goi M, N lan luot 1a trung diém cua AE, BC.

a) Chimg minh: MN L BD

b) Tim khoang cach gitra MN va AC theo a
Bai 3: Cho hinh chép tir giac S.ABCD c6 day ABCD 1a hinh thang, trong d6 ABC = BAD =90° . Biét
BA=BC=a, AD=2a. Gia stir SA vudng goc vdi day ABCD va SA= a~/2 . Goi H 1a hinh chiéu cua A 1én
SB.

a) Ching minh SCD la tam giac vuong

b) Tinh khoang cach tir H dén mp(SCD).
Bai 4. Cho hinh chop S.ABCD c6 day ABCD la hinh vudng canh 2a. AS=a, SB= a\/§ va
(SAB) L (ABCD). Goi M, N Ian luot 1 trung diém ctiia AB, BC. Tinh cosin goc giira SM va DN.
Bai 16: Cho khéi chop S.ABCD c6 day ABCD 1a hinh vudng canh bang a. Canh SC L (ABCD)va SA
tao v6i day goc 30°.

a. Chirng minh Cac mat bén cta hinh chop la cac tam giac vudng.

9 , 3
b. Tinh thé tich khdi chop S.ABC. Ps: v, — %

Bai 17: Cho h/chdp tir giac déu S.ABCD c6 canh day bang a, canh bén bang # va H la tam cua
day.

SABCD — o

3
a. Ching minh SH L (ABCD). b. Tinh thé tich hinh chép S.ABCD. Bs: V., Z
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Bai 18: Cho hinh chép tir gidc déu S.ABCD, c6 canh dy bang a va mit bén tao voi day goc 45°. Tinh
3

thé tich khéi chép S.ABCD. Ps: V. a

S.ABCD E

Bai 19: Cho hinh chép tir gidc déu S.ABCD, c6 canh day bang a va canh bén tao véi day goc 60°. Tinh

thé tich khéi chop S.ABCD. Ps: ,__ _2a'V6

Bai 20: Cho hinh chép tir giac déu S.ABCISS, c6 canh ddy bang a va canh bén bang b. Tinh thé tich
khoi chop S.ABCD. Ps: a’4b® — 2a°

Bai 21: Cho hinh chop S.ABCD, day A6BCD 1a hinh vudng canh bang a, canh SA_L (ABCD). Canh
bén SC tao voi mit phang (SAB) goc 30°. Tinh thé tich khdi chop S.ABCD. Ps: v/ (VA L;/é

Bai 22: Cho hinh chép S.ABCD, day ABCD la hinh vudng canh bang a, hai mit bén (SAB), (SAD)
cling vudng goc véi day ABCD. Canh bén SC tao v6i mit phang (ABCD) goc 30°. Tinh thé tich khdi

3
chop S.ABCD. Ds: V a6

S.ABCD 9

a*\3
A J N 4 2
Bai 24: Cho hinh chép tam giac déu S.ABC c6 canh day bang a, canh bén bang 2a. Goi I 1a trung diém
3\/_
24
Bai 25: Cho hinh chép S.ABC c6 day ABC vuong dinh B. Canh bén SA L (ABCD). SA = AC. Biet

a3

Bai 23: Tinh thé tich khdi lang try ding tam gidc déu c6 tit ca cac canh bang a. Ps: V =

ciacanh BC. a. SA LBC b. Tinh thé tich khdi chép S.ABL. Ds: A

SA = AB =BC = a. Tinh thé tich khéi chop S.ABC. Ps: V.

SABCD

Bai 26: Cho hinh chép S.ABCD, day ABCD la hinh vudng canh bang a, Canh bén SA_L (ABCD)va

3
SA = AC. Tinh thé tich khéi chop S.ABCD. Ps: V. ... = & V2

S.ABCD 3

Bai 27: Cho hinh chép S.ABCD, diy ABCD la hinh vudéng canh bing a, Canh bénSA L (ABCD)va
SB= a\/g.

3
a. Tinh thé tich khéi chp S.ABCD. Ps: V. .. = & V2

S.ABCD
3
b. Chirng minh trung diém cta canh SC 1a tim mat ciu ngoai tiép hinh chop S.ABCD.

Bai 28: Cho hinh chép S.ABCD, c6 dday ABCD la hinh thang, BAD = ABC=90°. AB=BC = a, AD =
2a, SA vuong gbc voi day va SA =2a. Goi M, N lan luot 1a trung diém cua SA, SD.
3

a. CMR: BCNM I hinh chit nhét. b. Tinh thé tich khéi chép S.BCNM theo a. Ps: V., :%
Bai 29: Cho lang tru deng ABC.A’B’C’ ¢6 day ABC la mot tam giac vudng tai A, AC=b, C= 60°.
Puong chéo BC’ ciia mit bén BB’C’C tao véi mp(AA’C’C) mot goc 30°.

a. Tinh d6 dai doan AC’ b. Tinh V khéi lang tru.
Bai 30: Cho hinh chop S.ABCD, day la hinh thang vudng ABCD vuodng tai Ava B, AB=BC =2a;
duong cao cua hinh chop la SA = 2a.

a. Xac dinh va tinh doan vuodng goc chung caa AD va SC . b. Tinh V cua hinh chop d6 .

C. BAI TAP TU LUYEN
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